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List of frequently used abbreviations

Abbreviation Definition

2D Two-Dimensional

3D Three-Dimensional

APIC Angular Ptychographic Imaging with Closed-form method
DAbI Digital defocus Aberration Interference
DoF Depth of Field

FFT Fast Fourier Transform

FOV Field of View

FPM Fourier Ptychographic Microscopy
LED Light-Emitting Diode

NA Numerical Aperture

PBR Peak-to-Background Ratio

PSNR Peak Signal-to-Noise Ratio

RMSE Root Mean Square Error

SNR Signal-to-Noise Ratio

SSIM Structural Similarity Index Measure




1 Derivation of digital defocus aberration interference (DADbI) in
2D case

We begin our analysis with two-dimensional (2D) thin samples and subsequently generalize it to the three-
dimensional (3D) case in Note 2.

1.1 Image formation forward model

In the DADI system, the two illumination wavefronts from the LEDs can be modeled as tilted plane waves:
u(r ki) =T =12 (S1)

where k;| = (kiy, kiy), ¢ = 1,2 denote the transverse illumination wavevectors and r, = (z,y) represents
the transverse spatial coordinates.

These plane waves interact with the sample o(r ), and the resulting field then propagates through a 4f
imaging system. The camera captures the intensity of the complex-valued optical field at the image plane.
This image formation process can be modeled as:

2
L i=1,2 (S2)

I, = ‘]—'_1 {f{u(ll;ku_) o(ry)} ﬁ(kl)}

where I; is the intensity measurement from the i-th illumination angle, F{-} denotes the 2D Fourier trans-
form, and P(k_ ) is the coherent transfer function of the system:

P(k.) = 1(|k.| < koNA) e790k)

where kg = 27/ is the free-space wavenumber corresponding to the illumination wavelength A, and (E(k 1)
denotes the system aberration, including defocus.

1.2 Digital interference-like fringes

Light interacting with the sample can be modeled as the sum of two components: the unscattered and
scattered parts. According to the frequency-shifting property of the Fourier transform, we have:

Flekisrior )} =C 8k — k1) +O(ks —kiy), (S3)

where d(k; — k; ) is the Dirac delta function representing the spectrum of the unscattered light, and

~

O(k, — k;1 ) corresponds to the scattered component. For simplicity, we ignore the constant C in the
following derivation.
Applying the Fourier transform to the intensity images I; in Eq. (S2) and substituting Eq. (S3) yield

F{L} = ]—"{’]-"1 {(60c1 ~Xi) + Oks — ki) ﬁ(kl)}f} =12 (S4)
To simplify Eq. (S4), we first introduce
ko) = (3(k. — ki) + Oks — ki1)) Plky), (S5)
so that Eq. (S4) can be written compactly as

F(ny = F{|F a0} (S6)

Using the fact that the Fourier transform of an intensity is the autocorrelation of the corresponding field,
F{lu|*} =U @ U* with U = F{u}, we obtain

F{li} = &(ky) @& (ko). (S7)



We next separate the unscattered and scattered contributions by defining the auxiliary function
(k) =0k —ki1)P(k,), (S8)

so that
Eiki) =0k — ki )P(ki)+U(ky),  &(k)=0d(ks —kii)P (ki) + P (k). (S9)

Substituting these expressions into the convolution gives
FLL} = [3(k1 ki) Pcr) + (k)| @ [k + ki) P*(—ku) + 07 (k)]
=8k, — ki1 )P(ki)® (ks +kit)P*(~k,)
+0(ky — k1) Pler) © U (—ku) + U(kr) © (ks + ki1 )P (ko)
+ (k1) ® U (—kL).

(S10)

Using the convolution and shift properties of the Dirac delta function in spatial frequency coordinates and
absorbing constant factors into the overall normalization, the four terms above can be rewritten as

F{L} (ko) =0(ko) +W(k) @ d(ko + ki) + ¥ (—ki) @ d(ky — ki) + T(k) @ U (k)

~ ~ ~ ~ S11

=0(k)+V(ks +ki) + ¥ (ki — ki) +P(k) @V (~k), =12 ot
where @(k )= a(k 11—k J_)ﬁ(k 1) is an auxiliary function defined in spatial frequency coordinates (given
by Eq. (S8)), and ® denotes convolution.

As shown in Eq. (S11), the spectrum of each intensity image contains four distinct terms (Fig. (S1)). The
first term arises from the unscattered light. The second and third terms represent the convolution of the
scattered field with shifted delta functions and their complex conjugates, introducing positive and negative
frequency shifts. The fourth term corresponds to the autocorrelation of the scattered spectrum.

Decomposing F{I;}
o(ky.)

k) ® Pr(—ky)

Fl

Pky) @5k, +kiy) (k) ® 5k, — k)

Figure S1: Fourier spectrum of an intensity image under an oblique illumination angle. I; is an intensity
measurement from the camera that can be modeled by Eq. (S2). The four components in the spectrum
correspond to four terms in Eq. (S11)

DADI captures two intensity images from two illumination angles. The spectra of these two images are
summed to reveal the interference-like fringes in a numerical manner. Note that the first and fourth terms
from the two spectra are located at the same spatial frequency region, while the second and third terms are



in different regions (Fig. (S1)). The sum of the first terms is still a Dirac delta function at the zero frequency.
The sum of the fourth terms is a linear combination of the autocorrelation of the scattered spectra. If the
sample is not highly absorptive or strongly scattering, the sum of the fourth terms is not dominant and serves
as a minor background modulation for the fringes. Therefore, this sum can be neglected in later analysis.
The effect of strong autocorrelation terms will be further discussed in Note 7. After neglecting the first and
fourth terms, the resulting summed spectra can be approximated as:

F{L}+ F{L} = O( )P (kj_+k1J_)+O(kJ_) (kJ_+k2J_)

(S12)
+O (— J_)P (—kJ_-‘rku_)-l-O (_kJ_)P (—kj_-l—sz_).
Given the finite circular support, ]3(:|:k 1 + k;1) is shifted by different illumination wavevectors; thus,
the resulting scattered spectra occupy distinct spatial frequency regions. There exists a region that only
contains

Ok, )Pk +ki 1)+ Ok )Pk +kap),
indicated in the shaded region of Fig. (S2). This region can be mathematically defined as a set:

ki +kii| < EkoNA,
ki +kai| < koNA,

o 2
S=<¢k, R k. — k11| > koNA, (S13)
|kL —k2L| > /{J()NA
Within this set S, Eq. (S12) simplifies to:
{Il}+f{[2} O(kL) (kL+k1L)+O(kL) (kl+k2L) k, €8. (814)

The complex-valued sample spectrum O(k_ ) can be written in terms of amplitude A(k, ) and phase 7j(k, ),

and the coherent transfer function P(k 1) includes a phase term ¢(k 1) representing system aberrations.
Thus: ~ ~
JT"{II} +f{]2} = A\(kL)ejﬁ(kL) (eﬁf)(kj_‘i‘ku_) + ej¢(k1_+k21_)> , kJ_ €8S. (815)

From Eq. (S15), we see that the sample term A(k, )e/® 1) is shared across both measurements, while
the aberration terms ¢(k, ) are modulated by the illumination angle. Taking the magnitude of both sides
gives:

|.7:{I1}+.7:{12}| ‘ (kﬁem(km e]‘b(kL"Fle)_’_eﬂﬁ(kL"szL)

— — (S16)
x \/2 + 2cos (¢(k¢ +ki) — ok + k2l))a k, €S

Within the region S, the resulting summed spectrum exhibits interference fringes due to the phase difference
introduced by the aberrations at different illumination angles. The effect of ‘E(k L)@jﬁ(kl)‘ in Eq. (516) will
be discussed in Note 8.1.

1.3 The choice of set S

In Eq. (S13), we have defined a set S, as indicated graphically in Fig. S2. This set S encompasses one of the
two regions where fringes may appear. However, there are other overlap regions between two of the circles in
Fig. S2. For example, there exists an overlap region between the pink and red circles that is perpendicular
to the set S. We define this overlap region as S*:

ki +kio| < koNA,
|kJ_ +k2J_‘ > k‘oNA,
|kL _kll‘ > k‘oNA,
ki — ko, | < koNA

S* =k, €R? (S17)

Here, we would like to justify our choice between the set S and S*.
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Figure S2: Fourier spectrum of two intensity images under two oblique illumination angles. The white-
shaded region indicates set S in Eq. (S13), and the black-shaded region shows set $* in Eq. (S17).

For a straightforward comparison, we list the mathematical modeling of the signals within these two sets
in the following expressions:

)

cos(a(kl ki) — ok, + ku)) '

k. €S: ‘ﬁ(kL)eﬁ(kL)

‘€j$(kL+ku_) 1 i Bl tkay)

= ’X(kl)‘ 2 .

(S18)

kK, €8*: ‘ Ak L)‘ ‘ej[di(kﬁkuwmkm 1 e ild(—ki ko) 47k L))

= ‘X(kl)‘ 2

COS<¢(kl +ki) +2¢(_kj_ +koi) L ﬁ(kL)> ‘ _

From the above two expressions, we observe that the cosine modulation in set S is only determined
by the defocus aberration ¢. However, in the set S*, the cosine term is “contaminated” by the sample
spectrum phase 7j(k_ ). Additionally, the sum of ¢(ky + ki, ) and ¢(k,; + ko ) instead of subtraction leads
to complicated patterns, which can be hard in the detection process. Therefore, the set S is chosen for
defocus detection in DADI.

1.4 Relation between defocus aberration and interference-like fringes

o~ o~

¢(k_ ) represents the system aberration. In the application of autofocusing and digital refocusing, ¢(k, ) is
mostly defocus aberration; thus, it can be expressed as:

dky) = /K2 — k|2 Az (S19)

where Az denotes the defocus distance. Substituting Eq. (S19) into the cosine term in Eq. (S16) gives:

COS((E(kJ_‘i‘li_)—&)\(kJ_ +k2l)) = Cos (\/kg—|kl+ku_|2AZ—\/k8—|kj_+k2l|2Az). (820)



When cos(-) = —1, the function exhibits valleys (local minima), satisfying:

VE — ks + ka1 2Az = /B — [kt + ke PAz=nm, n=2m—1,meZ ky €85. (S21)

The solutions to Eq. (S21) specify the n-th order fringe valley positions k, . By tracking these valley
positions, we can solve for the defocus Az (Eq. (3) in the main paper):

nm

VEZ = Tkos + k1|2 = /K3 — [kt + kot 7|

|Az| = ’ (522)

The validity of Eq. (S22) relies on defocus being the dominant aberration. When other aberrations are
minor, the solution in Eq. (S22) remains valid. In the case where other aberrations—such as spherical or
astigmatic aberrations—are significant, a one-time system aberration precalibration is required (Note 6.4).

1.5 Linearity and nonlinearity in DADbI fringes

Equation (S21) reveals the positions of the DADI fringe valleys under defocus aberration. In this section, we
show that DADI exhibits straight, parallel, and evenly spaced fringes in low-NA systems (e.g., NA < 0.30),
while curved fringes emerge in high-NA systems.

Without loss of generality, we define the transverse illumination wavevectors as

ki, = (ko sin 81 cos 61, kg sin 7 sin 91), ko = (ko sin B cos B, kg sin 35 sin 92), (S23)

where 8, and f5 denote the polar illumination angles of the two LEDs, and 6; and 6> denote their azimuthal
illumination angles (formally defined in Note. 3). For convenience, we graphically show the definition of
these angles in Fig. S3.

20

LED
ﬁ #2
—7LED
'Bl\L’/ #1

Sample

Figure S3: Graphical definition of polar illumination angle 8 and azimuthal illumination angle 6.

The right-hand side of Eq. (S21) can be expanded using a Taylor series:

(\/k’% — kot + ki |? — \/ké — ko1 + k21_|2) Az

k ko 2 |k ki |?
:< vl tkoi |7 koo + 1L|>AZ

ke T
koo +kot |t |kpr +kio|? A
- z
Sk2 8k2
K, +ky [0 K, +koy |0
+O<1AZ5H>Az+OCLZ5M|)Az (S24)
0 0

The fringe valley wavevector k,,; is constrained within DAbI’s working region S (defined in Eq. (S13)
and Fig. S2), such that
ko1 +kii| < koNA, |k, +kot| < koNA. (525)

For low-NA systems, NA is small,

ot kol [Y8KD)  [kos t ka1
- —NA 1 S26
o + koe [2/(2ko) o o Sh (526)




and thus the fourth-order and higher-order terms in Eq. (S24) can be neglected. Equation (S24) can therefore
be approximated as

kot +kot |2 |ker +kio|?
2 _ 2 J12 9 (ko 21| kot 1L
(\/ko fos + ks | — \/h2 — [leys + koo | ) Az~ < e e Az (S27)
Substituting Eq. (S23) and letting ky, 1 = (kys, kvy), Eq. (S27) can be simplified to
<\/k(2J —lkyr + kit |2 — \/kg — ko1 + k2L|2) Az
~ 0 (gin2 in? B;) A i 0 — si 01) kya A
N (sm B — sin 51) z + (sin S cos O — sin B cos 0) ky, Az (S28)

+ (sin fBa sin By — sin £ sin b)) kyy Az
=nm, n=2m-—1, meZ, k, €8S.

Equation (S28) represents a family of straight lines in the (kyz, kyy) plane, corresponding to straight,
parallel, and evenly spaced fringes, as shown in the left panel of Fig. S4. The spacing between adjacent
fringes is given by

2
d= T . (S29)
AZ\/(sin B2 cos U5 — sin 31 cos 01)2 + (sin By sin Oy — sin B4 sin 91)2

For high-NA systems, NA? is no longer negligible compared with unity, and the higher-order terms in
Eq. (S24) must be retained. The resulting quadratic and higher-order terms (e.g., k2,, k7., and kyzkyy)
introduce curvature into the fringes, as illustrated in the right panel of Fig. S4. A detailed description of

how to recover the correct defocus distance from curved fringes is provided in Note 4.

Figure S4: Simulated DADI fringes with 10x 0.25NA (left) and 40x 0.95NA (right), and a camera pixel pitch
of 6.5 pm

1.6 Virtual defocus aberration strategy

From Eq. (S22), we note that the sign of defocus is missing. Also, when the defocus is small, the term

’\/k‘g — |kvj_ +k1J_|2 — \/k'g — Ika_ +k21_|2 (S [0,7‘(’)

may result in the absence of observable fringe valleys.

To handle such situations, we design and employ a virtual defocus aberration strategy, as shown in
Fig. S5. In this strategy, within the set S, instead of directly summing the contributions from the two
measurements as in Eq. (S14) and Eq. (S15), we first manually add a known, adaptive defocus aberration
to each measurement separately. This yields:

F{L}y, = Ak )M VR Ik P Az VB IoikiPa 19 Kk, €, (S30)



where F {I;};, is the virtual intensity spectrum with additional defocus aberration, and z, is the added
defocus distance.
We then sum the two virtual terms and take the magnitude:

|]:{11}V1r + ]:{‘[2}V1r| - (kJ-)eJn(kL)

’e]\/k(z)_lkJ_+k1J_|2(Az+zv)+ej kg —Ik i tkay [2(Aztz0) | (S31)

For the small defocus aberration case, by adding a relatively large z,, we virtually increase the total
defocus distance, and the valleys of the interference fringes become visible. We can then locate the valley
positions and solve for Az + z,:

sgn(zy) |nm|

Az+ z, = .
)\/kg - |kvirJ_ + li_|2 - \/k(Q] - |kvirJ_ + k2J_|2

(932)

In this case, since |z,| > |Az|, the sign of Az + z, is determined by the sign function sgn(z,), and Az can
be calculated simply by subtracting z,.
In other cases, the sign of Az can also be determined using a small defocus offset z,, 0 < |z,| < |Az],

|

Az + z,| = (S33)

’\/ |kv1rJ_ + k1l|2 - \/kg - |k\:/|:irJ_ + k2J—|2

From Eq. (S33), we obtain |Az + z,|. Then the sign of Az can be determined by:
sgn(Az) = sgn (|Az + 2| — |Az — z,|) - sgn(zy). (S34)

T{I1} Direct |T{I1} + T{12}|
sum
)

Sparse fringes
Unable to estimate Az

—_
Az=2z"—2z,

Virtual }
F{ 12} defocus Defocus aberration IF (L vie + Fllybvir]
byz, (
W‘ defocus
@ : K distance z’
F{L} | Vitual - Defocus aberration |F (i }yir, + Fllzdvirsl
defocus
- ﬁ/—\ @ . -
Estimate
L} Virtual Defocus aberration defocus
defocus [F{}vie- + Fil2}vir-| direction
- /ﬁw @ ' -

Figure S5: Virtual defocus aberration strategy in finding small defocus distance (top panel) and determining
defocus direction (bottom panel).
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1.7 Theory extension to temporally partially coherent light

The above analyses were based on the coherent light model. In practice, DAbI can also be achieved by
partially coherent light sources. In this section and the next, we will discuss the theoretical modeling of
DADI under partially coherent light. To facilitate understanding of the derivations below and in Note 1.8,
we present Fig. S6 to align the physics picture and mathematical notations.

LED Sample Fourier Camera
plane plane ~_plane plane
Objective Iube
ith LED ki Lens i
System
side view h
(v, wy) r,=0y) Ky = (ki kiy) Timg = (Ximg: Yimeg)
LED board Sample plane Fourier plane Camera plane
1St LED WII;ZIEtgA ( ) kJ_ = (kix:kiy) rimg = (ximg:yimg)
r, =,y
(v, wy) =
Component . °
side view LED
V,, W
(viOl WiO) 2 2) (xiO'yiO) (kixO: yiyo)

Figure S6: Notations for partially coherent light theory. Top panel: system side view and notations for
coordinates and some definitions; Bottom panel: components side view and related notations.

First, assuming that only temporal partial coherence is present, each LED is treated as an ideal point
source in space. Spectrally, the LED is modeled as a narrowband Gaussian source, which limits its temporal
coherence and may consequently influence the measured DADI fringes. In this section, we analyze the effect
of temporal coherence on the DAbI phenomenon.

Without loss of generality, we assume the LED spectral power density follows a Gaussian distribution.
The corresponding normalized spectral density is

T(\) = \/%0/\ exp [— (A ;020) } ) (S35)

where Ag is the central wavelength and o is the standard deviation (spectral bandwidth parameter).
For a fixed wavelength A,,, the monochromatic model derived in Note 1.2 still holds. Therefore, within
the overlap region S(\,,),

2
ki + kit (Am)| < = NA,

ki + kot (Am)| < — NA,
Sm) =<k, €R? (S36)

|kl —le(Am” > 7NA,

|kL — kQL(Am)l > 7NA,

the summation of the intensity spectra is analogous to Eq. (S14):

F{L(Am)} + F{LOwm)} ~ O3 Am) Pk + ki1 (Am); Am) P*(k11 (Am); Am)
+ 6(kl; /\m) ﬁ(kl + k2L(>\m)§ )\m) ]3* (k2l(/\m)§ Am)v (837)

11



where k; 1 = (kiz, kiy) = (—kog-s —kO%) are the transverse wavevector components, (v;,w;) is the i-th
LED position in the LED plane, h is the distance from the LED plane to the sample plane, and R; =
V2 +w? + h2. Here kg = 27/)\,,. Unlike the derivation from Eq. (S11) to Eq. (S14), we do not absorb
the constant phase factors ﬁ*(ku_()\m); Am) and p* (k21 (Am); Am) into the overall normalization, because
these factors also depend on A, and vary across wavelength.

In practical settings, the exposure time is typically much longer than the coherence time of LED sources.
Hence, the time-averaged mutual-coherence terms between different wavelengths vanish. The detected in-
tensity is an incoherent superposition of the source spectrum:

I = / T(\) I;(\) dA. (S38)
Accordingly, Eq. (S37) can be written as

F{L}+ F{L} ~ / T(A) O(ky;A) Pky + ki (A); A) P* (ki (A); A) dA

+ [ 700 0w ) Pl +leas (030 P o (0 1) A (839)
whose validity region is
2
s + ki (V] < 5 NA,
27
~ Jies + ko (W] < 5T NA,
S=[)S\) ={k, R o YAEA . (S40)
AEA ||kJ_ —ku_()\)H > TNA,
27
||kJ_ — kQJ_()\)H > 7 NA

where A = [A\g — 305, Ao+ 30,] is the main-energy interval of the Gaussian spectrum. Because the LED
bandwidth is narrow (o) < o), S does not shrink significantly compared with S()), so the fringes remain
visible over a wide region.

Similarly, since o) is small, the sample scattering spectrum can be treated as slowly varying over A:

O(k.;)\) ~O(ki;A) =0(ky), A€EA. (S41)
Then Eq. (S39) can be rearranged into

F{L} + F{LL} ~ O(k.) U T(A) e?Ykrkin) gy 4 /T(A)eﬂ“vkhku) dx} , (S42)

where the phase term is

~ o~

oMk + ki) — oM ki1 )

\/ (2;) e k| ¢ (2;) - ||ku||2) Az (343)

Next, we handle each integral term in Eq. (S42). Note that U(A, k,,k; ) is a function of both k; and

21\ 2 27v; \ 2 orw; \?  2mh
T v w. k)= 20 _ L) — — ) - Az. 44
(A v, wi k) \/( 3 ) <kx ARi) (ky AR, ) AR, | ©F (S44)

Because the LED is narrowband, we perform a Taylor expansion of ¥ around Ag:

Ak ki)

1
U\ vi,wi k1) = qoi + qui 0N+ 342 (SN2 4+, SA=X— o, (S45)

12



where
oV B R

i = W( Ao v, w;, k), = — - )
q0,i ( 0, Vi 7 J_) q1,i I\ " q2,i 3)\2 N

(S46)
For typical narrowband LED experiments (e.g., Ao = 5.2 x 107" m and o ~ 2 x 10~8 m) with representative
geometric scales (b ~ 10~  m, Az ~ 10~*m, v;, w; ~ 3x 10”2 m for NA-matching illumination of a NA = 0.4
objective, and k; near DC), numerical evaluation indicates that the second-order contribution satisfies
%qgﬂ»(%)\)2 ~ 1073 « 1, so terms of order > 2 can be safely neglected. Therefore, the integral term in
Eq. (S42) can be approximated by retaining only the linear term:

1 ()\_)\0)2:| Ok, k'J_) . . 1 / |: ((SA)2:| . 5\
b A= Ag)” kikin) 4\ a ef90.0 — J91,07 q(GN). S47
/ \/%0-)\ exp|: 20% e e %271- o exp 203\ (S ( ) ( )

This Gaussian integral yields

. . 1
/T()\) YNk ki) 4\ & /90 exp <—2U§qii) . (548)
Consequently,
[ [ O 7d0.1 1 22 74o,2 L 22
F{IL} —|—]7{Ig}’ ~ ’O(kL)‘ el90.1 exp —50Ad1 + 792 exp —50Ai2 |- (S49)
Define ) )
A =exp <—2a/2\qil> , As = exp<—2a§qig> . (S50)

Then the two phasors still produce fringes similarly to the coherent case, and one may write
‘f{jl} + f{jg}‘ ~ ’5(kj_)’ (A% + Ag + 2A1A2 COS(qO’l - qO’Q)) . (851)

The phase difference remains

2 2
2 2w
qo,1 — 40,2 = \/(/\0) — ||kJ_ + ku_”2 — \/(}\0) — ||kJ_ + k2J_||2 Az + Constant, (852)

while the first-order (spectral) term mainly acts as a slow background modulation through the fringe contrast

"= 5 (S53)

2exp —%Ui (Qil + Q%,Q)]
exp(fa)\qil) + exp(fa/z\q%g) '
Since v; varies slowly and only slightly reduces the fringe visibility (especially within the DAbI detection
region), the fringe pattern is still governed primarily by the phase difference (S52), which is effectively
equivalent to the ideal monochromatic case. Therefore, the DAbI method remains applicable to sources with
finite spectral bandwidth, such as narrow-band LEDs.

To give a straightforward comparison, we performed simulations with parameters of A\g = 5.2 x 10~" m,
oy~ 2 x 1078 m, NA=0.4, and a magnification of 20 (as shown in Fig. S7). From Fig. S7, we observe that
the temporal partial coherence results in a subtle degradation of the fringe contrasts, but it has no effect on
the fringe detections.

1.8 Theory extension to spatially partially coherent light

In the spatially partially coherent regime, each LED should be modeled as an extended emitter rather than
an ideal point source. Without loss of generality, we place the origin at the intersection of the optical axis
and the sample plane. The emitting area of the i-th LED is modeled as a square region of side length A
centered at (v;0,w;0, —h), where h denotes the distance between the LED plane and the sample plane, and 4
is the LED index. Following common fabrication conventions, the square emitting area is radially oriented
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Coherent Temporally Partially Coherent

Az = 100 pm g (d) Az = 100 um

Figure S7: Simulations of coherent and temporally partially coherent light to show the effect of temporal
partial coherence on DADI fringes. a, Coherence and b, temporal partial coherent cases at defocus of 15 pm.
c, Coherence and d, temporal partial coherent cases at defocus of 100 pm. The white arrows indicate the
slight fringe contrast degradation in the zoomed-in regions.
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with respect to the center of the LED array; i.e., its sides are aligned with the local radial and tangential
directions in the LED plane.

Each differential element on the LED active area is treated as an independent point emitter that radiates
a spherical wave with a random complex field amplitude a(v;, w;). The illumination field at the sample plane

is then
eikor/(vi—2)2+(wi—y)2+h2
E(r,)= // a(x;) dv; dw;, (S54)
LED active area \/(Uz - :]C)2 + (wi - y)Z + h?

where r; = (x,y) denotes the transverse coordinates on the sample plane, and x; = (v;, w;) denotes the
transverse coordinates on the LED plane. We assume distinct source points are mutually uncorrelated, i.e.,

(alxs) a* (%)) = I0x;) 6(vi — o) 3(w; — wf), (355)

where I(v;,w;) is the source-plane intensity. We assume the intensity is uniform over the active area:

I(x;) = {IO’ xi € A (S56)

0, otherwise.

The i-th LED active region A; is parameterized as

.Ai = {Xi c Rz

. . A A
Xi =X+ V€, +wey,, |v| < 50 lw| < 2}, (S57)

where X0 = (’Uz'o, ’UJZ‘())7 and

~ Vi0 wW;0
€ri = ; ) S58
7 (\/Uz'20+wz'20 \/Ui20+wi20> (55%)

~ Wio Vi0
€, = | — 5 S59
" ( \/Ui20 +wi, \/Ui20 + w%) (559)

are the local radial (subscription ,) and tangential (subscription ;) unit vectors in the LED plane.
Because the sample field of view (FOV) is small and h is typically large, the paraxial and far-field

approximations hold. Define
R; = \/v? + w? + h2. (S60)

Then the spherical-wave Green’s function can be approximated as

ikor/ (vi—2)2+(ws —y)2+h2 jko R; o ((kovs Wi
oikoy/(vi—2)?+(wi—y) o T (Mt geey) (S61)
V(i — )2 + (w; — y)? + h? R

Substituting Eq. (S61) into Eq. (S54) yields

kg kow;

Br.) = //LED i b(x;) efj( et R y) dv; dw;, (S62)

where

efkoRi edko/vi+wi+h?
O )
R; Vi 4 w? + h?

Equation (S62) admits an interpretation as a superposition of plane-wave components. Define the transverse
wavevector components

b(x;) = a(x;) (563)

k‘o’Uz‘ _ko’wi> 7 (864)

kiJ_ = (kzmkzy) = (_ R, ; R
i i

and rewrite the field as an integral over k; | :

E(I'J_) = // W(ku_)ejk“"“‘ dk“_7 (865)
k; 1 corresponding to LED region
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where

a(’Ui, ’LUZ)
Wi(k; ) = b(x;(k; det| ———— 1. S66
(k1) = ) [den () (566)
det denotes the determinant of a matrix and % is the Jacobian matrix.

The mutual intensity of the illumination wavefront is defined by

JO,i(rL;rIL) _ <E(I‘L E* rL // // k/ )>ejkiL-rLe*jk;L-rl dkzl dk;L (867)
Using Egs. (S55), (S63), and (S66), one obtains

R? v?—i—wf—l—iﬂ ,

(W)W (06.0)) = 1060 gy ks — ki) = 106) gt ol —KiL). (869)

Recall that I(x;) = I if and only if x; € A;. The active region A; maps to a slightly distorted rectangular
region in k-space. To characterize this mapping, consider a point in the active region

~ . A A
Xi =X+ ver; +wey,, o] < =, |w| < 5 (S69)

Its corresponding transverse wavevector is
_ kovi  kow;\ ko (xi0 +ver; +wey,)
kil = “R T ®m )T 3 :
' ’ \/||Xi0+”er,i +we|” + h?

(S70)

In typical experiments, the LED side length A is on the order of a few hundred micrometers and is much
smaller than v;g, w;o, and h. Therefore, we expand to first order in (v, w). Let

RiO = \/U?O + w?o + h2. (S?l)

2 = ||xi0l|? + 2[|xi0|lv + O(v? + w?), we have

Using ||xi0 + v€,; + wey;

X;
Ry = o + 080+ w402~ Vol + 2lallo 12 ~ R + el (s72)
20
Substituting Eq. (S72) into Eq. (S70) and retaining only first-order terms yields
ko (xi0 +ver; +wey ;) ( [0l ) koxio  koh® ko
ki ~— 2 : 1l-— )| ——— — V€r; — — W€, . S73
+ Ryo Rio Rio R3, " Ry O (573)
Define the central transverse wavevector
k X;
kito = (kizo, kiyo) = — })% 2, (S74)
i0
Then the LED square maps approximately to a rectangle in k-space, as illustrated in Fig. S8:
koh? A ko A
Q; = {ku € R? ’ Kii =kiio+m&.; +né., |m|< ]%% 5 Inl< Rfoz}' (S75)
Here the radial/tangential unit vectors in k-space are
~ kuv k'z ~ kz km
er,i o Y0 N et’i = — yo o . (876)
\/kmo 1y0 \/kztO + kvyO \/kch + kzyO \/kZQrO + k?yo
With this approximation, Eq. (S68) reduces to
2#2 Ok — ki), kil €Q;,
(W (ki )W*(K:,)) = { ko — Ikl (S77)
0, otherwise.
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LED board Fourier plane Approximation

r

Q

mapping o
—

Q;

Q

4

(vi, wy) k; = (kixf kiy)

Figure S8: LED active area maps to an approximated rectangular area in k-space. The left panel shows the
LEDs’ positions in the spatial domain. The middle panel shows the LED active areas at the Fourier plane
of the imaging system. The mapped regions are distorted rectangles. These regions can be approximated as
rectangles for convenience in derivation (Eq. (S75)).

Defining
S(kiy) = # (S78)
R T
the mutual intensity of the illumination becomes
Joi(ry,r) = / / Sk ) ek el gk, (S79)

Let the thin sample have transmittance o(ry). Since the sample is deterministic, the mutual intensity
immediately after the sample is

Joi(re,r') = (o(rr) E(ry) B*(x/ )o" (r')) = o(ry)o"(r',) Jo,i(rL,x')). (S80)

Let h(rimg —r.1) denote the coherent point spread function (PSF) of the imaging system, where the subscrip-
tion jme indicates the coordinates at the image plane, and | is at the sample plane. The mutual intensity at
the camera plane is

Jimg,i (Timg, Timg) = // M(Cimg — 1) B (e — 1)) Joi(ry, ' ) dry dr/, . (S81)
The measured intensity is equivalent to the mutual intensity function (Jimg,:) at the coincident points:
I;(Timg) = Jimg,i (Timg, Timg)- (S82)
Substituting Eqgs. (S79)—-(S82) yields
I;(Timg) /Q Sk, [/ M(Timg — T 1) h*(Pimg — 1) /X2 L= (0 ) 0% (¢ ) dr | drl] dk; . (S83)

The term in brackets can be factorized as
2

/ P(Tiang — ©0) B (g — ©1) 75020 o) 07 () e ey = \ / M(Fimg — 11) 5 o(r 1) dr
(S84)

Given the Fourier transform frequency shifting property and the convolution theorem, we have
/ Pty — 1) e ory ) dry = FH{O(k) — kis) Pk)}, (S85)

where O and P are the Fourier transforms of the object and pupil function, respectively. Substituting
Egs. (S84) and (S85) into Eq. (S83) gives

Li(Fimg) /Q S(k; 1) ’]-' { klfku)ﬁ(kL)}rdku. (S86)
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Equation (S86) shows that, under spatially partial coherence, an extended LED can be decomposed into
many small coherent components, each following the coherent forward model. The measured intensity is
the incoherent superposition of these components. For each component, the coherent model from Note 1.1
and 1.2 is still valid. The results from Eq. (S12) can still be used to present the summation of intensity
spectra from two LED illuminations,

~

F{L} + F{L} = / S(k11)O(ky) (kJ_—i—le)P*(kU_)dku_
/ [ Sk O1cs) Pl +1ea) Pl
+ / N S(ky1) O (—k1) P*(—ky + k1) P(kyy) dky |
+ / o S(ka1) O*(~ky) P*(~ky +koi) P(koy)dk, . (S87)

Here, unlike the derivation from Eq. (S11) to Eq. (S14), we do not absorb the constant phase factors P (k11)
and P* (k2. ) into the overall normalization, because these factors also depend on the LED area.

In the coherent case, with appropriate illumination design, there exists a spectral region where only the
first two terms survive. In the partially coherent case, different k;; within the same LED region lead to
slightly different pupil shifts. However, when the LED active area is sufficiently small, the deviation from
the central wavevector k;, o is small (e.g., < 0.4% in our setting). Therefore, there exists a region &’ such
that for all ki, € Q1 and kg, € O,, the coherent-case separation conditions still hold, which is defined as,

ki +kio| < koNA,
k| +koi || <koNA,
S = kLERQ HkLkll:>k0NA VleEQh Vko € Oy 5. (888)
||kL — kng > ]{ioNA
In this region,

~

F{L}+ F{L} ~ / S(k11)O(ky) Pky + k1) P*(kyy)dky L
(S89)
/ Skzj_ ) (kJ_—f—kQJ_)P*(kQJ_)deJ_, kJ_GS/.
Qo
Given S(k.) in Eq. (S78), O(k.) = A(k)ei ) and P(k,) = 1(Jk.| < koNA) e/¢®1) | we obtain
ej kL+k1L) ¢‘(kll) eJ ¢’(kL+k2L) ¢(k2L)]
dky | + // dko, |,
//91 kE — |lkq o ||? = 0, k2 — |lko ||? >

(S90)

F{L} + F{I,} ~ Iy A(k ) &)

where the defocus phase is ¢(k. ) = /kZ — |k.|? Az (Eq. (S19)).
Consider one of the integrals in Eq. (890) Given that k; | lies within Q;, it can be parameterized as
ki =k; 0+ m/ém' + Tl/ét i- We write

ej [i’f;(kL+kiL) 1L) i ki (kL+k7LU+mer i+nes)— g(kiLO‘i’mar,i“Fné\t,iﬂ
dk; / / — dndm, (S91
= T e B~ Tio + mérs 8P 50

where k,; and k; ; are bounds for the LED active region mapped area in the k-space Eq. (S75):

koh? A ko A
kr; = ———, i= —. S92
TRy 2 " R 2 (892)
Define the deviation from the central wavevector as € = k; | — k; 10 = m€,; + né; ;. Then
1 1 1
= = ) (S93)

—Iirl® kG — lkico+ell®  k§ — llkivoll* — 2kiro - € — [l€]|?
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With representative experimental scales (e.g., h, Rjo ~ 1071m, kg = 27/A ~ 10"m~!, A ~ 10~*m, and
lkiioll ~ 0.4kp), the term 2k; g - € is first-order small and ||€||? is second-order small. Moreover, one can

bound
2kito-€l _ 2lkio [l€l

kg — lIkivoll® = &g — [lkiLoll?

hence the amplitude factor is slowly varying over @, and can be approximated by its value at the center:

<1, (S94)

1 1
~ . S95
Tenl? R Tl (595)

For the phase term, we can also expand the phase difference

Blks + ki) = dlkir) = (y/hE — ko + kasoll2 = /43 — [Ikisol?) Az

(ki +kii0) € kilo-€ A
2 2 2 2 o
VR =k +kol? VR —kisol

AZ ell? e]|?
VI — ki + ko2 k2 — kol
2
(ki +kiio) € k;io-€)?
o thaso) e s | o, (son)
(k§ — kL + ki1oll?) (k§ — lIkivoll?)

In our setting (with a maximum defocus on the order of ~ 600 um), the quadratic contribution in
Egs. (S96) is typically below 1072 radians and can be neglected, whereas the linear term can be non-
negligible, especially at larger defocus. Therefore, using Eq. (S95) (S96) and retaining the linear phase term,
Eq. (S91) becomes

o [$e sk )= (kL) ej(\/kg—\|kl+ku0||2—\/kg—l\kuo\lz)ﬁz
// kg — [l [J2 . 52 = llkisol? (S97)
/ " / " e I8 €A qndm.
kt (3
where K 4k K
1L il0 il0
&= s 3 52 2 (598)
Vg = ki +kiol? k8 — kol
Given that € = me,; + né,;, we can define
gri = —(gi - er) Az, 9ri = —(8i - €i) Az. (599)
Thus, in Eq. (S97),
gi €Az = MGri+ NGt
Then the integral separates along the orthogonal axes €, ; and €, ;, yielding
I[Pk +i 1)~ (ki )] Ak ik s
dk;, | ~ =" sinc(g,ikri) sinc(geikes
T, TR e~ R e e sl
% ej(\/’fg—HkJ_-i-ku_oH2—\/kg—\|ku0”2)AZ
= Ci(kl)ej(\/kg_”kﬂrkim”2_\/’“3_”1‘“”2)Az. (5100)
where (with sinc(x) = sin(x)/z)
4k, iky 4 . )
Ci(ky) = % sinc(gy,ikr,i) sinc(ge iky,i)- (S101)
kg — [lkivoll
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Using Rio = koh/\/k2 — ||kiLol|?, from Eq. (S92) one may rewrite

ik s = — (ki +kito) € [kiLoll Az (k3 — |kivoll®)?/?
T Vi =Tk +kiol®  VEE = kol 2kgh
k k; .e ;i A k2 — k; 2\1/2
ks = — (2¢+ 10) @i Az(ky — |kisol)” (8102)
VES — kL +kiLoll? 2h

Consequently, the magnitude of the left-hand side of Eq. (S90) can be expressed as

FLY + F{LY| = I |AkL)| |Gyt ) VTt Vi TR as
(S103)

+Co(ky) ej(\/’@S—HkﬁrkuoI\Z—\/k5—|\ku0||2)Az

The two phasors still generate fringes similarly to the coherent case; under partial coherence, the fringe
contrast is modulated by C;(k,):

2|Cy (k)| [|Ca(k)|

e = _ kg — Ikisoll?
Ok 2+ |Ca(k )]

sinc(gyr,ikr,i) sinc(gy,ike.)- (S104)

The contrast is maximized when |Cy (k)| = |Ca(ky)|. At small defocus distances (e.g., within ~ 20
depth of field, DoF, g, ;k-; and g; k¢ ; (Eq. (5102)) are sufficiently small so that both sinc factors are close
to 1. Moreover, when the two LEDs are chosen to have similar polar illumination angles 1, 32 (Fig. S3,
and Note 3 e.g., near NA-matching), one typically has ||k 10|/? ~ |ka1o||?, implying C; (k) ~ Ca(k, ) and
thus high fringe contrast across S’. At large defocus distances, the difference between the sinc factors of
C1 and C3 may become non-negligible, and the fringes over S’ are modulated by vs. In practice, for large
defocus the system transfer function at high spatial frequencies is weak and measurement noise dominates;
thus the useful spectrum is concentrated on near zeroth-frequency, i.e., ||k || < ko, which is also the typical
operating region of DAbI (Algorithm 1 line 6). In this regime,

gr,ik'r,i < 1, gt,ikt,i < 1, (8105)

Cy(ky) and C2(k, ) remain close, yielding high contrast that enables reliable defocus extraction.

Our simulation results also align with the same conclusion above (Fig. S9). From Fig. S9, we observe that
the spatial partial coherence has little effect at small defocus distances, while at large defocus distances, the
fringes contrast at the high spatial frequency is degraded. As discussed in the previous paragraph, at large
defocus distances, the useful spectrum is concentrated on near zeroth-frequency; thus, the fringe degradation
has little effect on defocus detection (Algorithm 1).

In summary, the temporally and spatially partially coherent light may influence the contrast of the DAbI
fringes, but has little impact on the fringe detection.
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Coherent Spatially Partially Coherent

Az = 100 pm [ (d) Az = 100 um

Figure S9: Simulations of coherent and spatially partially coherent light to show the effect of spatial partial
coherence on DADI fringes. a, Coherence and b, spatial partial coherent cases at defocus of 15 pm. c,
Coherence and d, spatial partial coherent cases at defocus of 100 pm. The white arrows indicate the slight
fringe contrast degradation in the zoomed-in regions.
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2 Derivation of DADbI in 3D case

2.1 Image formation forward model for thick samples

Here, we aim to generalize 2D cases to thick samples for the above derivations. According to the Fourier
diffraction theorem [1], for thick samples, the support of the coherent transfer function will extend from a 2D
circular region to a 3D spherical cap on the Ewald sphere (Fig. S10). As a result, the intensity measurements
contain the 2D projection of sample spectra on shifted 3D spherical caps. Later, we will demonstrate that,
if we set the two illumination angles to be the same relative to the optical axis and incorporate finite sample
thickness prior [2], the established DAbI method can be effectively generalized to handle thick samples with
small modifications.

We start by introducing the imaging forward model for 3D thick samples. Let n(r) be the refractive
index distribution of the sample, r = (r,z) be the spatial coordinate in 3D space, n,, be the refractive
index of the background media, the 3D sample scattering potential is defined as

o(r) == k§ (n(r)> —n2,). (5106)

When this 3D sample is illuminated by plane waves u;,(r; k;) with the 3D wavevectors k; = (k; 1, ki),
the total field u(r) obeys the inhomogeneous Helmholtz equation:

(V2 4+ k2 )u(r) = —o(r)u(r), (5107)

where V? denotes the Laplace operator, k,, := kon,, is the wavenumber in media. The total field can be
decomposed into the incident field (unscattered field) and the scattered field,

u(r) = Uin (r; Kq) + us(r),

and solved under the first-order Born approximation as

u(r) = uin (r; ki) + /g(r —1')o(r")u (r'; k;) dr’, (S108)
g(r) is the 3D Green’s function:
ekl
o) = (s100)

Taking the Fourier transform on both sides of Eq. (S108) and only considering forward scattered lights:
U(k) = (27)6(k — k;) + O(k — k;)G(k). (S110)

Here, O(k) = Fsp{o(r)} is the 3D sample scattering potential spectrum, k = (k, ,k.) is the 3D spatial

frequency coordinate, and
1

Using the Sokhotski—Plemelj identity|3], G (k) can be decomposed into a near-field part and a radiative part.
In our case, the Fourier transform property of the objective lens transmits the optical field in a radiative
manner. Thus, we do not account for the near-field contribution. Therefore,

G(k) ~ —jmd(k2, — |k[?), (S112)
U(k) = (2m)°0(k — k;) — jmd(k2, — |k[>)O(k — k;), (S113)

ﬁ(k) is the 3D Fourier transform of the 3D total optical field. Given that the lens and the camera are 2D
components, the imaging system only captures information from the wavefront of one plane. Additionally,
we only consider forward scattering in this modeling. Therefore, for the forward model we care more about
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the optical field at the focal plane of the objective z = z¢, namely u(r, , z5) and its 2D spectrum (/Jl(kl; zf).
Performing 1D Fourier transform for Eq. (S113) and set z = z; gives,

~ 1 [t

Up(ky;zp) = U(k)e? =27 dk,

2 J o
(271’)2(5(kl — ku_)ejkizzf

J A EVA — z
a mo(kl —ki1,v k72n - |kJ_|2 - kiz)ej W —les P2s (5114)

This is the direct result from the Fourier diffraction theorem [1, 4].

Similar to the 2D case, this 2D wavefront U 1 (ky;zy) propagates through a conventional 4f system and
is captured by the 2D camera. Similar to Eq. (S2), we have

L= |F {0 kuszp P} =12 (S115)

where I; is the ith intensity measurement, F,,{-} denotes the 2D inverse Fourier transform, and P(ky) is
the imaging system’s coherent transfer function:

~

P(kyi) =15, |<koNa - edoks)

where kg = 27/ is the free-space wavenumber and (E(k 1) denotes the system aberration. When the sample
is defocused by Az, the optical path in the free space between the sample and the objective lens changes,
resulting in defocus aberration. This aberration can be expressed as

k) = VoIl Az (S116)
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Figure S10: 3D coherent transfer function from an oblique illumination angle is a 3D spherical cap on the
Ewald sphere.

2.2 Nominal in-focus plane of thick samples

In 2D thin samples, the sample plane can be considered as a 2D plane. The autofocusing task is to align this
2D plane with the focal plane of the imaging system. However, in thick samples, the sample content expands
over a range of axial extension. Determining which sample plane to align with the system focal plane is of
significant importance. There exists a 2D sample plane that DAbI fringes will be perfectly compensated when
this 2D plane is aligned with the system’s focal plane. We termed this plane as “nominal in-focus plane”
(Fig. S11). Fortunately, in most of the biological samples, the nominal in-focus plane is approximately
aligned with the geometric center of the sample along the axial direction. We composed the following part
of this Note to prove this statement.

For a 3D sample, an axial shift (z') will introduce a wave propagation term e’ k22 to its 3D spectrum.
Here, we introduce the following Lemma (proved in Note 2.5):
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Lemma 2.2.1. Let o(r,,z) be a 3D scattering potential and a(kj_7 k.) its 3D Fourier transform. Define a
spatially shifted potential o' (r) ,z) = o(r1,z + 2'), with corresponding spectrum

O'(ky, k.:2') = Ok, k.)el™=*". (S117)
Then the following equivalence holds:

=0 = 2 =z:= fffZOI'L )dr,dz

k=0 " [[fo(ri,z)dridz

02 arg (6’(kl, k.; z'))

Lemma 2.2.1 implies that arg (6’(kL, ky; 2 = zo)) does not contain any linear term in k.. In other words,

o' (k1 ,k.;20) does not contain any wave-propagation term of the form e*:%o where Cj is a constant. By
setting 2’ = 2o, we substitute the relation from Eq. (S117) into the object term in Eq. (S114),

'rn |kl‘2 klz) = 6/(kL - kilz k'rQn - |kl‘2 - kt27 ZO)

S118
% e—j\/ k2 —|ky|%z0 | ejkizzo. ( )

Plugging Eq. (S118) into Eq. (S114), we have

Up(ky;zf) = (2m)26(ky — k) )elkiz2s
jejkizzo A

_ m ki, VK2 — k1?2 — Kz 20) (5119)

eIV kR —lk 12 (25 —20)

If we align zg with the detection plane by setting z; = 2y, we obtain:

N C ~
UL(kLQZf:ZO):Clé(kL*kiL)+k272|k| - ki1, \VEk *|kL|2 klz (8120)
= — ki

Here, C; and Cy are constants. The scattered optical field (the second term in Eq. (S120)) no longer

contains a wave-propagation term like e’V K=k 2Co Therefore, at zy = 2o plane, the DADI fringes have
been perfectly compensated, that is to say, the focal plane is aligned with the nominal in-focus plane. This
alignment indicates that the plane z = 2y is the nominal in-focus plane, analogous to the in-focus plane in
the 2D case. From Eq. (S118), zg is defined as the z-centroid of the scattering potential distribution. For
most of the biological samples, this z-centroid is approximately aligned with the geometric central plane.

Thickness t
L
1. Defocus
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I
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]
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in-focus plane Plane lens
Zy Zf

Figure S11: Graphical illustration of nominal in-focus plane zp, focal plane z¢, defocus distance Az, and
sample thickness t.
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2.3 Digital interference-like fringes for thick samples

Following a similar derivation from Eq. (S3) to Eq. (S15), the 3D counterpart of Eq. (S15) can be derived
from Eq. (S120) with zy = 2:

O/(kL’ \/kgn — ki + kll‘z — k12) . ejg(kL"l‘le)
VE2, — ki + ki ?

Ol(kl" \/kgn _ |kJ‘ - k2l‘2 — k12) . equ(kj_—i-ng_)’
VEZ — ki + ko2

Here, we have assumed k1, = k., since the two illumination angles are the same with respect to the optical

axis. C' is a constant, and S is defined in Eq. (S13).
For clarity, we define the terms

O (ki, /K2, — ki + ki — ki2)
Vg = kL + kL2

Comparing Eq. (S15) and Eq. (S121), we observe that the 3D case differs significantly from the 2D case.

In the 2D case, the object terms remain the same for both measurements within the region S, while the

aberrations at pupil phase are translated, producing clear interference fringes. In contrast, in 3D, the object
terms differ in the two intensity spectra, except at:

Sp={kL €S||kL +ki > = ki +koi[*}. (5122)

F{h}y+F{L}=C-

+C-

k, €S. (S121)

Phase term: e/®(krtkiL)

Object term:

)

This defines a line in S along the angular bisection of k; | and ks —the 2D projection of the intersection
curve between the two Ewald caps (Fig. S12). We define

Ak, = Vk2, — ki + 1o 2 = V2, — ki + ka2
Then, Eq. (S121) can be rewritten as:

6/(kL’ \/kj'?” — |kL + k1l|2 — klz)eja(kLJrle)
VE2, — ki + k1.2
O (ki,/k2, — ki + ki + Ak, — ki) B ko)
\/k?n—|kL+k1L‘2—|—Akz ’

For k, slightly deviating from Sp, the resulting Ak, is also relatively small. It can be shown that under
the prior of a finite sample thickness (Note 2.4), the two terms,

k, €8. (S123)

O'(ky, VK2, — kL + ki1 |2 —ki.) and O'(ky, /K2, — [ko + ki1 |2+ Ak, — k1),

share the same k| and a slightly different &k, in the sample spectrum, resulting in a slight difference between
themselves. Although they are not strictly identical, these two spectra terms remain highly correlated. This
correlation allows the two object terms to interfere in the presence of defocus aberrations and produces
observable fringe patterns atop the background contributed by uncorrelated components.

As the distance between k and the line defined by S increases, the corresponding Ak, increases due to
the Ewald sphere geometry, which in turn degrades the correlation between O (k \/ k2, — ki + ki |2—Fk12)

and 6/(kj_, \/k?n — ki +ki1|?>+ Ak, — k1..). In the meantime, the difference between the two terms,
1 1
and ’
VEZ, — ki + ki 2 VEZ — kL +ki]?+ Ak,
also increases. As a result, the fringe contrast diminishes progressively and eventually becomes undetectable.
This phenomenon is similar to the concept of the partial coherence (Fig. S13). The interference of the

partially coherent lights has a slow-varying fringe contrast modulation atop the cosine interference pattern.
Then, Eq. (S16) in 2D case can be rewritten as,

|f{h}+f{fz}|o<\/2+2cos($<kL+ku>—$<kL+ku>)v<m k€8 (S124)
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where (k) is the envelope of the correlation factor, indicating the fringe contrast and degree of coherence.

To conclude, for a 3D thick sample, there exists an interference region surrounding the line S, within
S, where interference fringes induced by defocus aberration are present. The fringe contrast gradually
decreases away from the center of this region. Within the visible fringe regions, the fringe characteristics
closely resemble those in the 2D case, enabling the application of existing 2D methods with only minor
modifications, primarily guided by the reduction in fringe contrast and spatial coverage. The extent of the
visible fringe region is influenced by the sample’s thickness and refractive index distribution, and can thus
serve as a qualitative indicator for estimating the sample thickness (Note 7).

4k,
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2D top view

2D section view

v

Extended Sp

Figure S12: 3D coherent transfer function under two oblique angles. The overlap line of two spherical caps
is defined in Eq. (S122) as S,. With the finite sample thickness prior. this region set S, can be extended.
Akz in Eq. (S123) is also indicated in this figure.

FST prior
Extended Sy, Sy

S

>

Figure S13: DADbI interference-like fringes for thick samples. The visibility of the fringes decreased, as it is
far from the center line. The concept mimics the partial coherence in light behavior. vy(k,) in Eq. (S124)
shows the fringe contrast, sharing a similar concept to the degree of coherence.

2.4 Mathematical note 1: finite sample thickness prior

The finite sample thickness (FST) prior, which was first proposed by [2], assumes that most sample content
is confined within a finite axial range in the spatial domain. Based on our above analysis, we give an intuitive
and descriptive explanation for this prior.

Here, we focus on the axial direction and show that

o' (kL, Vi kst kL — kl,z) and O (kl, Vi2 kLt ki P+ Ak, — kLz)

in Eq. (S123) are correlated when Ak, is small, as a direct consequence of the FST prior.
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Consider the axial object function o™ (2) of an ideal, infinitely thick sample, and its Fourier transform
O™ (k). Because o™ (z) has unbounded support, O™ (k) is essentially unconstrained, meaning O™ (k, +
Ak.) can differ significantly from O™ (k.) even if Ak, is small. In this case, O™ (k,) and O™ (k. + Ak.)
are uncorrelated and therefore cannot produce interference fringes under defocus aberration.

In physically realistic scenarios, the sample always has a finite axial extent ¢. Therefore, the finite thick-
ness sample function o' (z) can be modeled by the truncation of a rectangular window function Rect(z/t):

o(z) = o™ (2) - Rect(z/t) (S125)

Then, its Fourier transform becomes:
O(k.) = O™ (k) * [t - sinc(k.t)] = ¢ / O™ (k.) sinc (k. — K.)t) dk, (S126)

Every point in O™ (k.) is convolved with the sinc function in Eq. (S126), and O(k.) is the resulting su-
perposition of these expanded points. This convolution enforces spectral smoothness in the axial frequency
domain. R R
When |Ak;| < 2, i.e., within the main lobe of the sinc function, both O(k) and O(k. + Ak.) share con-
tributions from overlapping regions of 5Inf(k:’z), weighted by the sinc kernel. Therefore, they are correlated.
Consequently, for small Ak, in Eq. (5123),

5’(kL,\/k,2n—|kL+k1L|2—klz) and 6/<kj_,\/k?3n—|kL+k1l‘2+Ak‘z—k‘1z)

are correlated, providing the physical foundation for fringe formation in thick samples.

2.5 Mathematical note 2: proof of lemma 2.2.1

Lemma. Leto(ry,z) be a 3D scattering potential and 6(kj_, k.) its 3D Fourier transform. Define a spatially
shifted potential o'(r1,z) = o(ry,z + 2'), with corresponding spectrum

O'(ky,k.:2') = Ok, k.)el**. (S127)
Then the following equivalence holds:

=0 << 2=z := [[[zo(ry,z)dridz

k=0 © [ffo(ri,z)dridz

3?4: arg (6/(kj_, k.; z'))

Proof

Assume that the spectrum can be expressed in polar form as

~

O(kJ_, kz) - ‘6(kl7 kz)‘ ejQ(kJ_vkz)7

where Q(k, ,k,) ;= arg (5(kl, kz)> Then the derivative with respect to k, becomes

00(ky k) OOKL k)| om, k) o A ok, k.)
) _ ) . 1ks Kk, k) - . S128
8[4}2 8kz € +JO( 1 ) akz ( )
Dividing both sides of Eq. (S128) by O(k_, k.), we obtain
1 Ok, k, 1 Ok, k, Ok, ks
1 00GLk) 00| | 090k k) 129
O(kla kz) akz |O(kl7 k2)| ak’z akz
Taking the imaginary part of both sides yields
1 Ok, k, Ok, k.

Oki k) Ok ok,
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From the property of the Fourier transform, we have

80k, k. ,
y = —jFsp{zo(ry,2)} (k),
ok,
which at k = 0 gives
00(k .,

o et
and

Ok, k. / / / ofry,2)dr dz

For weakly-absorbed samples, substituting Egs. (8132) and (S133) into Eq. (S130), we obtain

:Im[ ]fffZOI‘L, drle}: fffzorb dr dz
k=0 JIJo(ry,z)dr dz [ o(ry,2)dr dz

Now considering the shifted spectrum defined in Eq. (S127), its phase is given by,

o0k, k)
Ok,

arg (6’(1&, k.; z’)) = arg (a(kj_7 kz)) + k.2

thus, its derivative at k = 0 is

0 ~, o0k, ,k,)
ko ka2 — 2t ) 2
akzarg<()( Lk ) o Ok, |y
Substituting Eq. (S134) into Eq. (S136), we conclude:
0 A/ o _ ’
o arg (O (ki k.2 )) . =20+ 7.

Therefore, the condition

=0
k=0

(01, k2:))

ok,
holds if and only if

This completes the proof.
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3 Two-LED optical configuration design

The core idea of DADI for estimating the defocus distance is to track the valley positions k,,; in the combined
Fourier magnitude spectrum |F{I1} + F{I2}|, and compute Az using Eq. (S22). The valley tracking must
be confined to a “clear” region (Fig. S2), where the spectral content arises solely from 5(k L)ﬁ(k 1+ki )+
Ok, )Pk, + ks ). This region has been formally defined as S in Eq. (S13). For 3D case, this region is
further reduced due to the partial mismatch in the object spectrum. As indicated by Eq. (S13), the choice
of illumination wavenumbers ki, and ko, will influence the shape and size of the “clear” region, thereby
affecting the accuracy of defocus estimation. Therefore, a careful design of the illumination angles is helpful.

3.1 Polar illumination angle design

The polar illumination angle is defined as the angle between the illumination wavevector and the optical axis
of the system (Fig. S14b), 5; = arcsin(|k;|/ko). This angle should not exceed the maximum acceptance
angle of the imaging system, which is determined by its numerical aperture (NA). Below, we provide practical
guidelines for selecting an appropriate pair of polar illumination angles to ensure optimal performance.

Suppose the two LEDs have significantly different polar illumination angles. In that case, the resulting
region S takes on an irregular shape (Fig. S14d), reducing its usable area and compromising the accuracy of
defocus distance estimation. In the 3D case, it is crucial to set the polar illumination angles of the two LEDs
equal, as any mismatch would severely distort the interference fringes. Therefore, to improve accuracy and
maintain consistency across both 2D and 3D scenarios, we used and strongly recommend using two LEDs
with the same polar illumination angle.

Even when the two LEDs share the same polar illumination angle relative to the optical axis, a small angle
leads to substantial overlap between the regions |k +k; | < kgNA and |k, —k; | < koNA, resulting in a
limited region S (Fig. S14f) and reduced estimation accuracy. Increasing the polar illumination angle expands
this valid region. Theoretically, when the polar illumination angle approaches the maximum acceptance angle
of the imaging system, the entire region satisfying |k, + k; | < kgINA becomes accessible, thereby allowing
optimal utilization of the spectrum.

In practice, DADbI does not require a precise match of the polar illumination angle to the system NA,
relaxing the strict optical alignment and calibration. The rule of thumb is to set the polar illumination angle
in the range of 0.8 x NA < sin 3; < NA to achieve near-optimal performance.

3.2 Azimuthal illumination angle separation design

The two plane-wave illumination angles can be described by two wavevectors ki, ks, including both polar
(tilt from the optical axis) and azimuthal (projection on the sample plane) illumination angles. In Note 3.1,
we have discussed that the polar illumination angles f; are desired to be identical (81 = f2 = ), within
certain range (0.8 x NA < sin3; < NA). To fully determine the design of two illumination angles, we still
need to identify the relation between ki, and ko .

Here, we define the azimuthal illumination angle separation between k;; and ko, is 26, which satisfies

ki, -koy = (kysin ) - (kosin B) = |ki||ko|sin? Bcos 20 = k3 sin® Bcos20, 6 € [0,7/2].

For a better visual understanding, we also demonstrate the azimuthal illumination angle 6 in Fig. S14b.

Theoretically, as long as 0 < 6 < 7/2, the existence of the set S can be guaranteed. However, this
existence cannot guarantee a high-performance defocus detection in DADbI. For example, the maximum
defocus distance that can be detected is determined by the sampling rate at the camera plane, which is
associated with system magnification, camera pixel pitch, illumination wavelength, FOV size, the system
NA, and the size of set S (Details in Note 6). Most of the factors are system-dependent. Once the optical
imaging system is set, we don’t have much freedom to adjust. Only the size of the set S factor can be tuned
by the azimuthal illumination angle separation 6.

Given a fixed set of system parameters, a smaller 6 will result in a larger size of set S (Fig. Sl4c,f).
However, if 6 is too small (k;, is very close to ko, ), given a fixed defocus distance Az and fixed system
parameters, the valley positions k,, | will be very far from the central line of set S (Eq. (S22), further analysis
in Note 6). This large value of k,,; will result in the disappearance of the fringes, which may pose difficulty
in finding defocus directions and values. Therefore, the selection of € should not be too small.
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In this work, we generally used 26 € [r/10,7/3]. This is not a strict criterion and may be adjusted based
on the application.

In summary, we recommend setting the angles within the following range; however, this is a guideline
rather than a strict requirement.

o 20¢€[r/10,7/3]

e 0.8 x NA <sinf; < NA

((\.@“ ﬁl\E, #1

Sample

LED #2 LED #18&#2

Q

-~

Figure S14: a, Two-LED configuration in the optical setup. b, Geometric definition of polar illumination
angle $ and the azimuthal illumination angle separation 26. ¢, A recommended two-LED configuration. A
configuration with d, 81 # (2, e, 20 > 7/2, £, small 3. Set S is the overlap region defined in Eq. (S13).
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4 Algorithm for determining defocus distances

Tailored for our special illumination design, DAbI algorithm integrates the virtual defocus aberration strat-
egy, the fringe curvature compensation strategy, and the fast Fourier transform (FFT) to accurately detect
defocus from fringe patterns over small and large defocus ranges under versatile system settings. In this
note, we present the detailed algorithmic design of DAbI and provide pseudocode. Following the discussion
in Note 3, we assume throughout this section that the two LEDs have identical polar illumination angles
(81 = B2 = B) relative to the optical axis of the sample.

From DADI’s principle, a straightforward approach to estimate the defocus distance is to identify the valley
positions k,, in |F{I1} + F{I2}| and compute |Az| using Eq. (S22). However, this brute-force approach is
not only computationally inefficient but also highly sensitive to experimental noise and outliers. In such a
way, it is difficult to precisely localize the valley positions, leading to inaccurate defocus estimation. Instead
of relying on this naive strategy, we propose an efficient and robust defocus estimation algorithm.

We start with the 2D case based on Eq. (S21). Since the two illumination LEDs have identical polar
illumination angles, without loss of generality, we define:

ki, = (k.cosf, —k.sinf), ko = (k.cosb, k.sinf)

where k. = ko sin 8. Equation (S21) can then be rewritten as:

<\/kg — (ks + ke cos8)2 — (ky — ke sinB)2 — /K2 — (ky + kecos 6)2 — (K, + kesin 9)2> Az = nr,

(5139)
where n=2m—-1, meZ, k,€S,
The valid region S, in Fourier space is defined as:
(ks + ke cos 0)% + (ky — k. sin0)? < k3NA?
P S (kg + ke cos 0)% + (ky + ke sin0)? < k3NA? ($140)
T (kg — ke cos0)? + (ky + ke sin0)? > k2NA2
(ky — ke cos 0)* + (ky — k. sin0)? > k3NA?
Let
(kg + ke cos0)? + (ky, — ke sin6)? (kg + ke cos0)% + (ky + kesin6)?
A= k2  B= k2 ’
0 0
then Eq. (S139) can be expanded using Taylor series as:
2sin Bk, sinf + R(A) + R(B)) Az = nm, S141
Y

where R(A) and R(B) denote the higher-order remaining terms resulting from the Taylor expansion, which
become negligible when the NA is small.
When the system NA is small (e.g., NA < 0.3), A and B are small, and the higher-order terms are
negligible. Equation (S141) becomes:
2sin B ky sin Az = nr. (5142)

Equation (S142) is a simplified version of Eq. (S26). The resulting fringes are straight lines parallel to the
z-axis. Considering two adjacent fringes, we have:

™

A=) = Ak, sin Bsinf’

(S143)

where Ak, is the spacing between two adjacent fringes, which can be estimated by applying a Fourier trans-
form and searching for the frequency peaks.

Fringe Curvature Compensation Strategy. For higher system NA, the higher-order residual terms R(A)
and R(B) introduce curvature to the fringes, making the estimated Az inaccurate (Note 1.5). To correct
for this, we digitally compensate for the fringe curvature by introducing virtual compensation terms into the
spectra. Suppose we already have an initial estimation of the defocus distance from Eqs. (532),(534),(5143),
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denoted as Azy. Based on this estimation, within the set S, rather than directly summing the contributions
from two measurements (as in Egs. (514),(515) ), we first add the individual residual terms to each part
separately. This yields:

. k| +k; |2
-~ ejﬁ(ki)ej k%*|ki+kii|2AZej<\/k(2)7|kl+kii|2* J_QkOLJ_ 7>Azo

F{li}vie = A(ky) , i=1,2k; €8,. (S144)

Note that

ki kP
2o

Then, summing these two terms and taking the absolute value yields observable fringes. The modified fringe
condition becomes:

\/k/’g—|kl+ku_‘2 '&‘ko—i—R()

2sin B ky sinAz + (R(A) + R(B))(Az — Azy) = nr. (5145)

Given that Azg is a reasonably good initial estimation of Az, the residual terms partially compensate
for the high-order effects that cause curvature, resulting in straighter fringes. We can then recalculate the
defocus distance Az using the same Fourier transform-based method. If Az is not sufficiently accurate, the
procedure can be repeated to obtain Az, Azs, ..., until the series converges to a stable and precise solution.

This iterative method is inspired by the Born series approach commonly used in solving scattering prob-
lems. For systems with small to moderate NA (e.g., NA < 0.3), a single iteration is often sufficient to produce
accurate results. For high-NA systems (e.g., NA > 0.3), our simulations show that 3-5 iterations typically
yield precise estimations.

Virtual Defocus Aberration Strategy. To tackle small defocus detection and the sign ambiguity chal-
lenges, we incorporate the virtual defocus aberration strategy introduced in Note 1.6.

When the defocus is relatively small, the fringes are either not dense enough for accurate quantification.
In such cases, we virtually introduced a known large defocus aberration to set S to generate denser and more
distinguishable fringe patterns. We then summed the two modified spectra and applied the Fourier transform
to extract the fringe frequency and calculate the total defocus distance. By subtracting the known virtual
defocus, we obtained both the actual defocus distance and the defocus direction Note 1.6. For example, we
first virtually add an 80-pm defocus aberration and a 74-pm defocus distance is calculated by the Fourier
transform method. The physical defocus distance solved by DAbI is 74 ym — 80 ym = —6 pm, which
naturally incorporates both the absolute distance and the direction of defocus.

In the case of large defocus distances, the frequency of the fringe patterns and defocus distance can be
directly obtained from the Fourier transform of the fringe pattern together with the fringe curvature com-
pensation strategy. However, the sign of the defocus remains ambiguous. To resolve this, we applied the
virtual defocus aberration strategy by introducing an adaptive known defocus aberration in both positive
and negative directions. These additions alter the fringe density in the resulting interference patterns. The
direction that yields denser fringes indicates the correct sign of the original defocus.

For 3D samples, as discussed in Note 2, the fringe patterns exhibit similar spatial structures to the 2D case,
but their contrast gradually diminishes away from the center. Therefore, an adaptive fringe region selection
method is designed, which automatically selects a region of interest based on the spectrum’s signal-to-noise
ratio (SNR) and local fringe contrast. This selected region is then processed with our algorithm.

In summary, by integrating these specially designed components, our proposed DADI algorithm is capable
of robustly and precisely estimating both the magnitude and direction of defocus for both 2D and 3D
samples across a wide range of system configurations. Detailed pseudocode is described in Algorithm 1. The
simulation and experiment code can be found on GitHub (https://github.com/hwzhou2020/DAbI).
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DADI Algorithm Pseudocode

Algorithm 1 DADI Defocus Estimation Algorithm

Require: Intensity measurements I7, I5; illumination wave vectors ki, ko; free-space wavenumber kg; nu-
merical aperture NA; maximum iteration count N; adaptive known defocus z,
Ensure: Estimated defocus distance Az
Compute Fourier transforms: Fy < F{I1}, Fy < F{I>2}
if NA < 0.3 then
Set N «+ 1
end if
Define valid spectral region S based on Eq. (S13)
Select subregion Sy, C S based on signal-to-noise ratio and local fringe contrast
Estimate defocus level (small or large) using FFT within Sg,p
if Defocus level is large then
Set 2, « 0
end if
: Apply virtual defocus aberration (Note 1.6): add z, to Fy, F» within Sgup
: Compute combined spectrum: Fy,y, < |F1 + Fbl
Estimate fringe spacing Ak, from the fringe pattern via FFT

e e
Wy e

14: Estimate |Az + z,| using Eq. (S143)

15: Determine defocus direction using virtual defocus aberration in Sgup
16: for i =1to N do

17: Apply virtual compensation to Fy, Fo — F|, F} using Eq. (S144) and Az + 2,
18: Update combined spectrum: F,.. < F{, F}

19: Estimate updated fringe spacing Ak,

20: Update defocus estimate Az + z, using Eq. (5143)

21: if Converged then

22: break

23: end if

24: end for

25: return Az
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5 Illumination angle and system calibration

To perform DAbDI using our demonstrated illumination angle choices (discussed in Note 3), a one-time
calibration is required to determine the illumination angles generated by the LEDs or lasers.

We first place a thin 2D biological sample at the focal plane of the imaging system. Natural biological
samples with rich spatial-frequency content are preferred to facilitate reliable alignment. In our experiments,
a human lung cancer pathology slide was used for calibration. An LED array (or two individual LEDs)
mounted on a three-axis translation stage is then adjusted to control the illumination positions.

Next, two intensity images (I1, Is) are acquired under the two illumination angles, respectively. Taking
the Fourier transform of each intensity image reveals a characteristic two-circle pattern in the amplitude
spectrum (Fig. S15). The centers of the circular regions directly correspond to the illumination angles and
are given by

Akp%xel —_ \‘AkftJ AkpiXEI — LAky7J

Aw Yi Aw
2w Ax; 2w Avy;
N AT AE AR T N /A AP T AR (5146)
Aw — 277787
Nrov 17

where (Akgj"d, Akypj"d) denote the pixel coordinates of the circular region centers in the Fourier domain;
(Aky,, Aky,) are the corresponding spatial frequencies in k-space; Aw is the spatial-frequency sampling
interval per pixel; A is the central wavelength of the illumination source; (Ax;, Ay;) are the lateral coordinates
of the i-th LED relative to the optical axis; Ah is the distance between the LED plane and the sample plane;
Nryovy is the number of pixels across the FOV; e is the camera pixel pitch; M is the system magnification;
and i = 1,2 denotes the two illumination conditions.

Given the analytic relation between the lateral shifts of the circular regions and the LED positions, the
system can be calibrated using these two intensity images as feedback. Because the illumination angles are
pre-designed according to Note 3, the target values of (Akgixel, Ak;’jxel) and the corresponding LED positions
are fixed. We therefore define the desired spectral locations of the circular regions, indicated by the black
dashed circles in Fig. S15. By iteratively adjusting the LED positions, the measured spectral circles are
aligned with these predefined locations. Once this condition is met, the system is considered well aligned.
The illumination angle is given by

Ax;
VAZZ + Ay? + AR?

Ay,
VAz? + Ay? + Ah? -
The azimuthal angle 8, and polar angle 5 in Note 3 can be expressed as:
Ax? + Ay? + Az2 + Ays — (Azy — Axo)? — (Ay; — Ayo)?

2/Ax? + Ayi/AzxE + Ay?
Ax1Azs + Ay Ays
T V/AZ+ Ay /AG 4 A
VAZ? + Ay?
Ah

If the above calibration procedure does not provide sufficient accuracy, a sample-based calibration strategy
for DADI is recommended. In this approach, two to three representative samples are selected. For each
sample, a z-scan is performed from the in-focus position over a user-defined axial range, sampled at 5-10
evenly spaced axial positions. The DAbI algorithm is then applied to estimate the defocus distance, which
is compared against the nominal ground truth.

For commercial imaging systems, where the NA and magnification are fixed, calibration can be further
refined by slightly adjusting the illumination angles of the two LEDs until the estimated defocus distances
match the ground truth. In customized systems, variations in system NA and magnification can also be
explicitly incorporated into the calibration procedure.

A6, = arcsin

(S147)

Af,, = arcsin

cos 20 =

9

(S148)

tan g =
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Figure S15: Visualization of the illumination angle calibration process from the intensity spectrum perspec-
tive. The black dashed circles mark the desired spectral region under the designed illumination angles.

35



6 Effect of different factors in DAbI autofocusing

In this section, we investigate how different system parameters affect the characteristics of DAbI fringes.
Because the 3D case can be viewed as a narrowed visibility region of the corresponding 2D case, we focus
here on 2D autofocusing using DAbI. The conclusions drawn in this section can be readily generalized to
thick samples.

6.1 Effect of defocus distances
First, we revisit Eq. (S22) in Note 1.4,

nm
VK — kot + ki1 2 — /kZ — koo + kot 2]

|Az] =

For a given system configuration, the transverse illumination wavevectors ki 1. and the wavenumber kq are
fixed. As the defocus distance |Az| increases, the corresponding valley positions kv L (at the same order)
move toward smaller spatial frequencies, resulting in denser fringes in the Fourier domain. Conversely, when
|Az| is sufficiently small, the solutions for the valley positions shift to large spatial frequencies. In this regime,
the valleys fall outside the overlap region defined by the set S, leading to the disappearance of observable
fringes.

Figure S16 illustrates the DADI fringes obtained from a thin sample at different defocus distances (wave-
length A = 635, nm, NA = 0.40, magnification 20x, and camera pixel pitch 6.5 pm). A clear correlation
between fringe density and defocus distance can be observed. For small defocus distances, where fringes are
absent, we employ the virtual defocus aberration strategy to determine both the magnitude and the direction
of defocus (Note 1.6).

6.2 Effect of numerical aperture, magnification, and pixel pitch

The NA and magnification of the objective lens, together with the camera pixel pitch, constitute three
fundamental parameters of an imaging system. These parameters jointly affect the geometry of DADI fringes
and the performance of defocus detection.

To elucidate their impact on DADI fringes, we simulated six representative combinations of NA, mag-
nification, and camera pixel pitch, as shown in Fig. S17. The size and location of the DADI fringe region
S (defined in Eq. (S13)) depend on the system configuration. For low-NA systems (NA < 0.3), the fringes
are predominantly straight, whereas pronounced curvature emerges at higher NA (NA > 0.3). This transi-
tion necessitates distinct algorithmic treatments, as described in Note 4. In particular, an iterative search
strategy is employed to accurately handle high-NA regimes (Algorithm 1).

These parameters also govern the achievable autofocusing range and accuracy of DAbI by determining
the number of sampled pixels and the effective sampling density within the fringe region S. In the numerical
realization of identifying the DADI fringe spacing, the sampling rate of the fringes in the spectrum sets an
upper bound on the maximum detectable defocus distance. Accordingly, Eq. (S143) can be rewritten in a
discrete form as

N, M
|AZ| = 4FO.V€/ N 9
2N# sin 3sin

where Nroy denotes the number of pixels in the FOV; e stands for the camera pixel pitch; M denotes system
magnification; and N# is the pixel count for the fringe period. Noted that Nroye/M represents the physical
size of the FOV.

According to the Nyquist sampling theorem [5], the sampling rate must satisfy at least two pixels for
each period (N# > 2). When N# = 2, Eq. (S149) sets an upper limit for |Az|:

(S149)

N M
As] < Drove/M
4 sin Bsin @
Equation (S150) shows that the theoretical range of DAbI depends directly on the camera pixel pitch
and the magnification. Furthermore, in the recommended DAbI setup, the polar illumination angle (defined

(S150)
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in Note. 3.1) is close to the system’s maximum acceptance angle, such that sin 8 ~ NA. As a result, the
range is approximately inversely proportional to the system NA. Moreover, increasing the number of pixels
within a single FOV and decreasing the azimuthal angle separation between the two LEDs both increase the
achievable range, but come at the cost of reduced precision, especially at small defocus distances.

As an example, for Npoy = 1536, e = 6.5 um, M = 20, sin 8 = 0.39, and 6 = 7/8, the resulting range is
|Az| =836 pm.

We further experimentally evaluated the performance of DAbI under different NA and magnification
configurations (Fig. S18), including 20x /0.40NA and 40x /0.65NA objective lenses. We did not test more
extreme cases, such as 10x/0.25NA or lower magnification/NA settings, because the maximum achievable
autofocusing range in those configurations exceeds the mechanical travel range of our experimental setup.

In terms of autofocusing range, DAbI maintains robust performance (one-sided) up to approximately
900 pum for the 20x /0.40NA system and 270 pm for the 40x /0.65NA system, which corresponds to 443 x
and 365x of the DoF. The corresponding theoretical upper limits for these two cases are 2132 pm and
656 pm, respectively. Thus, DAbI experimentally achieves about 40% of the theoretical upper limit in both
cases, primarily due to non-negligible camera noises at extremely large defocus distances. Empirically, in the
presence of noise, reliable DAbI operation typically requires 4-5 pixels per fringe period, which corresponds
to approximately 40%-50% of the theoretical maximum range.

Regarding accuracy, Fig. S18a shows that DADI retains high precision throughout the system DoF within
the autofocusing range. As the system NA increases, the DoF decreases, and the accuracy requirement for
autofocusing becomes increasingly stringent. Despite this challenge, DAbI consistently achieves large-defocus
detection with satisfactory accuracy under high-NA conditions (Fig. S18b). We note the presence of one or
two outliers in defocus estimation (Fig. S18), which we attribute to noise-induced fringe degradation at large
defocus.

6.3 Effect of wavelengths

Defocus aberration is directly related to the defocus distance at a given wavelength, as manifested by the
accumulated phase at the pupil plane of the imaging system. At the same time, a shorter wavelength
corresponds to a larger wavenumber kg, which leads to a broader coverage in spatial frequency space. As
shown in Fig. S19, given a magnification of 20x and a camera pixel pitch of 4.5 pm, shorter wavelengths
result in a more extensive coverage of the digitized pupil plane. However, the combined effects of phase
accumulation and frequency coverage lead to the same fringe density in DAbI under different illumination
wavelengths.

DADI explicitly models wavelength dependence in fringe formation. As a result, it operates robustly
across different optical wavelengths and can also accommodate system chromatic aberrations (Note 13.2).
The effect of temporal partial coherence associated with different wavelengths has been further investigated
through both theoretical analysis and numerical simulations in Note 1.7.

6.4 Effect of other aberrations

In practical optical systems, the defocus aberration may not be the sole aberration in the system. Common
aberrations, such as spherical aberration, coma, and astigmatism, may exist and distort DADI fringe patterns.
In some of our experiments, we do observe the existence of spherical aberration. If the aberration level is
small, this aberration can be negligible; otherwise, a precalibration procedure is needed.

In this simulation, we studied the cases of spherical aberration and complex aberrations. We set the
defocus distance Az to 50 pm and manually introduced aberrations of different types and magnitudes. We
then applied DADI to estimate the defocus distance. As shown in Fig. S20, the presence of other aberrations
causes the DADI fringes to become tilted, curved, or distorted.

In the left and middle columns, where other aberrations are relatively small, DADI is still able to provide
accurate defocus distance estimations (the defocus distance error is within the system DoF). In contrast,
the right column shows cases with stronger aberrations, where the fringes are severely distorted and the
defocus estimation by DADbI becomes unreliable. In such cases, it is necessary to perform a precalibration
and digitally compensate for other aberrations.

We further note that the distribution of valley positions is directly coupled to all components of the sys-
tem aberrations through a physical imaging model, providing a novel and intuitive approach for estimating
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all system aberrations (not limited to defocus alone). By tracking the positions of these valleys, one can for-
mulate and solve an inverse problem to recover the Zernike coefficients corresponding to different aberration
modes. Deep learning—based approaches may be particularly well suited for this task, offering both accuracy
and scalability.

Figure S16: Effect of defocus distance on the DAbDI fringe density. The second and fourth rows are zoomed-in
regions in the white-box region in the first and third rows, respectively. Az denotes the defocus distance.
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Mag./NA 40x/0.95; Mag./NA 20x/0.75; Mag./NA 20x/0.40;
Az=4 pum;e =55 um Az =10 um; e =3.45 um Az =30 um; e =6.5 um

* F %

Mag./NA 10x/0.25; Mag./NA 4x/0.13; Mag./NA 2x/0.08;
Az =80 um; e =5.5 um Az =300 um; e =3.45 um Az =800 um; e = 3.45 um

Figure S17: Effect of NA and magnification (mag.) on the DADI fringes. The wavelength is set to 635 nm.
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Figure S18: Experiment results of DAbI performance on two different NA /magnification settings with a 20
samples (n = 20) and b 10 samples (n = 10), a, 20x/0.4NA, b, 40x /0.65NA, with the same camera pixel
pitch of 6.5 pm
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Figure S19: Effect of wavelength on the DADI fringe density. The defocus distance Az is set to 40 pm.
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Valid Case Failed Case
Spherical Z: 0.4 Spherical 72:1.0

No Aberration

Curved
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Az =51.93 um
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Az =49.92 uym

Vertical Astigmatism ZZ: 0.75flOblique Astigmatism Z52: 1.0

Oblique Astigmatism Z;2: 2.6

Oblique
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Az =51.85 um

Estimated
Az = 51.95 ym

Vertical Coma Z31:-0.5 Vertical Coma 73! :1.6

Curved

Estimated Estimated
Az = 48.34 ym Az =51.39 uym

Figure S20: Effect of aberration on the DADI fringes. The defocus distance Az is set to 50 pm.
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7 Sample thickness estimation

In Note 2, we discussed the relationship between fringe visibility and sample thickness. Specifically, an
increase in sample thickness leads to a narrowing of the fringe visibility region within the set S. Leveraging
this relationship, sample thickness can be inversely inferred from the observed DADI fringe regions.

In many practical scenarios, a rough estimate of sample thickness is already available. However, there
remain cases in which the sample thickness is unknown. One such example is bacteria growing on agar
substrates, where the sample gradually thickens over time, starting as a thin film and growing layer by layer
[6]. In this context, DAbI has potential applications in quantifying sample growth dynamics.

Here, we demonstrate the qualitative relationship between sample thickness and fringe visibility using
simulations (Fig. S21). A phase imaging video of label-free (unstained) live cells was used as the simulation
input to mimic a volumetric biological sample [7]. Example ground-truth image planes of the simulated
volume are shown in Fig. S21a—d. The background medium was assigned a refractive index of 1.33.

In Fig. S21e—h, we varied the simulated sample thickness while keeping the refractive index variation
range fixed. As the sample thickness increased, the visible fringe region became progressively narrower. In
addition, the fringe contrast exhibited a slight degradation.

This thickness—fringe visibility relationship is also influenced by the scattering characteristics of the sam-
ple and is therefore sample-dependent. As shown in Fig. S21i-1, we gradually increased the variation range
of the refractive index distribution. A larger refractive index range An corresponds to stronger scattering.
We observed that increased scattering led to a general degradation of fringe contrast. The underlying reason
is that strong scattering significantly reduces the unscattered signal, resulting in a dominant auto-correlation
term and a weakened second term in Eq. (S12). This effect also defines the operating regime of DAbI, which
is not suitable for strongly scattering samples. In principle, this limitation may be mitigated through optical
clearing techniques.

Due to the coupled effects of sample thickness and scattering characteristics, the visibility region and
contrast of DADI fringes cannot, in general, uniquely quantify sample thickness. Nevertheless, when certain
sample priors are available—such as sample type or approximate refractive index distributions—DADI still
holds potential for applications in biological and clinical imaging. Further investigation along these directions
will be pursued in future work.
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Az =-150 pym
t=50 um; An = 0.01 t=67 um; An =0.01 t=100 um; An =0.01

..

t=33 um; An =0.02 t=33 um; An =0.05 t=33 um; An =0.10 t=33 um; An =0.40

t =33 um; An =0.01

Figure S21: a-d, Example planes of the simulated volumetric sample (cell phase imaging video). e-h, DAbI
fringes under different thicknesses (t) of the sample. i-1, DADI fringes under different scattering characterlstlcs
(refractive index range An). All the zoomed-in images clearly depict the fringe visibilities. All simulations
are done at a defocus distance of Az = 150 pm. Scale bar: 100 pm.
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8 Effect of sample content on fringe visibility

8.1 Sample content and fringe visibility

According to Eq. (S16) (reiterate below for convenience),

F {1} + F I} = [Alky)er)

’ejd?(luﬂcu) 1 eddlkitkar)

O(\/2+QCOS($(kJ_+ku_)—$(kJ_+k2J_)), k, €8,

under coherent illumination, the cosine fringe visibility of DAbI is modulated by the amplitude term ‘g(k 1) ‘

This amplitude term is directly from the intensity spectrum and is associated with the sample content. Here,
we analyze the sample content/structures and their effects on the fringe visibility.

For natural or biological samples, the intensity spectrum typically follows a power-law decay [8], in which
low spatial frequencies contain most of the image energy and the amplitude falls off approximately as 1/f
toward higher spatial frequencies. As a result, the circular spectral region sampled by DADI is inherently
populated with meaningful signal content. Figure S22 shows representative experimental examples of natural
and biological samples. Their amplitude spectra appear noise-like, with DADI fringes directly modulating
the underlying spectral content.

To evaluate robustness across sample diversity, we applied DADbI to a wide range of biological and clinical
samples. The lists of sample types and representative raw intensity measurements is provided in Note 8.2.

Other sample types do not follow the power-law decay in the Fourier domain, including resolution targets
(USAF1951, Siemens star) and periodic gratings. In Fig. S23 and S24, we showed the fringe visibility of
these samples.

1. USAF1951 resolution target. Although the USAF1951 target exhibits structured features in the
spatial domain, its Fourier spectrum does not contain highly localized or dominant frequency compo-
nents (Fig. S23). We demonstrate in Fig. 7 of the main paper that DAbI operates reliably on this
sample.

2. Siemens star. The Siemens star can be regarded as a collection of gratings with continuously varying
periods along the azimuthal direction, producing a strongly radial spectrum. When directly applying
the algorithm described in Note 4, DAbI may fail due to anisotropic spectral energy distribution.
However, a simple modification enables successful operation: replacing “perform FFT on Sgy,” with
“perform FFT on the sum of Sy, along the red-arrow direction in Fig. S23b” in Algorithm 1. A
graphical illustration of this modified procedure is shown in Fig. S23b3—e.

3. Gratings. A grating represents an extreme case of a resolution target. In the idealized scenario, a
one-dimensional grating corresponds to a perfect sinusoidal or rectangular waveform, whose Fourier
spectrum consists of a small number of Dirac delta functions. In such a hypothetical case, DAbI would
fail. In practice, however, fabricated gratings are imperfect and contain scattered spectral compo-
nents. Figure S24 shows experimental measurements of a one-dimensional phase grating (quantitative
phase target, Benchmark Technologies Inc.) at different defocus distances. Both DADI fringes and
cross-shaped spectral patterns are clearly visible. Although the spectrum is dominated by discrete fre-
quencies, the presence of scattered components enables DAbI to function. As in the Siemens star case,
a slight modification of the defocus detection algorithm can be applied to accommodate grating-type
samples.

From the above analysis, we conclude that the amplitude term ‘/Al(k L)’ does not pose a significant

limitation in the practical implementation of DADI.
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Measurement #1 |F{1,) |F{11} + F{I}

Breast cancer cells

Human Chronic
Pyelonephritis

Figure S22: Example experimental raw intensity measurements, amplitude intensity spectrum, and DAbI
fringes for out-of-focus 2D biological samples. The differences in circular region size originate from the
system specifications, including magnification, camera pixel pitch, illumination wavelengths, and NA. Scale
bar: 100 pm.
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Measurement #1 |F{I3 |F{L3 + F{L}
USAF1951 target  (a2)

Siemens Star (b2)

spectrum

I I I I
50 100 150 200 250 300 350 400 450 500

30 1 1 1 1 1 1 1 1 1

20 7 DADbl fringe B

10 frequency\ |
0 1 I I I 1

I I I 1
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Figure S23: Experimental raw intensity measurements, amplitude intensity spectrum, and DADI fringes for
out-of-focus a, USAF1951 and b, Siemens star resolution target. ¢, Zoomed-in region of the blue box in b3.
d, Averaged line profile from the vertical direction in c. e, Fourier transform of the line profile in d. Scale
bar: 100 pm.
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In-focus measurement #1 |F{I:3}] |F{L,} + F{I,}

[F{} + F{L3 Zoom-in views

Figure S24: Experimental raw intensity measurements, amplitude intensity spectrum, and DAbI fringes
(including zoomed-in regions) for in-focus and out-of-focus 1D phase grating sample. Scale bar: 100 pm.
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8.2 Lists of sample information

In this section, we provide detailed sample information studied in Fig. 3 of the main paper. Table S1 presents
the sample types in evaluating the 2D autofocusing range, and Table S2 for the 3D autofocusing range. We
also provide a few example raw intensity measurements for 2D cases (Fig. S25) and 3D cases (Fig. S26). The
H&E-stained human sections are from the human pathology survey slide set (Carolina Biological Supply
Inc.). The rest of the sample preparations have been described in the Methods section in the main paper.

Sample Name Sample Quantity
Unstained human non-small-cell lung cancer 5
Unstained human colon cancer
Unstained human brain organoid section
HEK cell with self-assembling synuclein
Unstained mouse brain thin section
H&E-stained human seminoma of testis
H&E-stained human fibroadenoma of breast
H&E-stained viral pneumonia lung
H&E-stained human giant nevus congenital
H&E-stained human myocardial infarct
H&E-stained human brochopneumonia
H&E-stained human benign prostatic hyperplasia
H&E-stained lily anther early prophase
H&E-stained human lung adenocarcinoma

[ e e e e e N Y Y Y Y )

Table S1: A list of sample types for 2D autofocusing range evaluation.

Sample Name Sample Quantity
50-um mouse liver section 2
50-um mouse kidney section
40-pwm mouse brain section
70-um mouse brain section
50-um mouse lung section
70-um mouse lung section
90-um mouse lung section
150-pm mouse lung section
50-um mouse heart section
70-um mouse heart section
90-um mouse heart section
50-um mouse skin section
70-um mouse skin section
90-um mouse skin section
50-um mouse spleen section
50-um human brain organoid section

el L e e e e e N e e N e e N

Table S2: A list of sample types for 3D autofocusing range evaluation.
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Figure S25: Example experimental raw intensity measurements for out-of-focus 2D samples. a, Unstained
colon cancer. b, H&E-stained giant nevus congenital human section. ¢, H&E-stained human Bronchopneu-
monia. d, H&E-stained human cirrhosis of liver. e, H&E-stained human myocardial infarct. f, Unstained
non-small-cell lung cancer. Scale bar: 50 pm.
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Figure S26: Example experimental raw intensity measurements for out-of-focus 3D samples. a, 40-pm mouse
brain section. b, 70-npm mouse heart section. ¢, 50-pm mouse kidney section. d, 50-pm mouse liver section.
e, 70-pm mouse skin section. f, 150-pm mouse lung section. Scale bar: 50 pm.
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9 Comparison with other autofocusing methods

Autofocusing in optical microscopy has been a heated topic over the past decades. A wide range of methods
have been proposed and applied. A recent review article on autofocusing has summarized the existing
methods [9]. Based on the review article, we compared our DAbI technique with the other nine categories
of methods across different dimensions. Due to all these methods being suitable for different scenarios with
various restrictions, it is impossible to benchmark them on the same imaging platform or even on a consistent
simulation environment. Therefore, we did a qualitative comparison of all these categories and discussed the
pros and cons of every category.

9.1 Dual-LED methods

Dual-LED [10-12] has a simple optical setup that shares similarity with the DAbI setup. It uses two
opposite LEDs to record a single intensity image. When the sample is out of focus, these two opposite LED
illuminations create a lateral shift at the image plane, producing a two-copy intensity image (Fig. S27).
The dual-LED methods utilize this two-copy effect to find a linear correlation between the lateral shift and
defocus distance. The quantification of lateral shifts is performed through the autocorrelation of the intensity
image. Given this two-copy effect, there exist two side peaks in the autocorrelation profile. Additionally, the
dual-LED methods have a variant using two intensity measurements from two opposite LED illuminations
sequentially [13]. The use of two images can help identify the defocus direction.

Mathematically, the two diametrically opposite LEDs illuminate the sample with symmetric oblique
angles (£, with 8 as the polar angle, shown in Fig. S27). When the sample is at a defocus distance of Az,
each oblique illumination results in a geometrical projection of the sample onto the focal plane. Due to the
oblique illumination, this projection introduces a lateral displacement for each intensity image:

Ayy = £Aztan . (S151)
Then, the total displacement from the two opposite LED illumination is:
2Ay = 2Az tan 5. (S152)

The captured intensity image from the dual-LED method has a two-copy effect with a separation of 2Ay.
This separation can be computed through finding the side peak location in auto-correlation. Finally, the
defocus distance can be calculated through Eq. (S152).

Although DADI and dual-LED methods share similarity in the optical system setup, where both methods
employ oblique illuminations, the fundamental physics insight and methods are different between these two
methods, and DAbI demonstrates significantly superior autofocusing performance.

2 LED

Focal plane
Figure S27: A graphical demonstration of lateral shifts in dual-LED methods.

Dual-LED relies on a geometric-optics image-translation model and extracts defocus from image shift. DAbI
is derived from a wave-optics image formation model, where the fringe modulation arises from the digital
interference between two shifted defocus pupil functions in the intensity spectrum. The fringes’ properties
under DAbI settings can not be correctly and fully explained by the lateral image translation and Fourier
translation theorem. Therefore, we conclude that the theoretical framework from the dual-LED methods is
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limited, while the theory we explain DAbI is much more comprehensive and in-depth, leveraging significant
advantages in the algorithm design. We aim to illustrate the difference between the principles and the dis-
tinction between DADI fringes and fringes introduced by lateral translation in dual-LED methods with the
following four Differences.

Difference 1: Dual-LED theory cannot explain why the fringes in DAbI only appear in a constrained
region in the intensity spectrum.

In DADI, the approximately straight fringes are constrained in a specific region S and its centrosymmetric
part, as shown by both simulations (Fig. S28a) and experiments (Fig. S28b). Furthermore, within the other
region §* (defined in Eq. (S17)) and its centrosymmetric part, we can observe sparse and circular fringes
(Indicated by the white arrow in Fig. S28). The formation of these distinct fringe patterns in S and S* is
well explained by digital interference of two shifted aberration pupils in DAbI theorem. However, the image
lateral shifts model of dual-LED methods can not explain these fringe patterns.

Suppose the original in-focus image is Iy(x,y). Due to illumination from two diametrically opposite
LEDs, the two intensity images captured by the camera can be approximated as

Li(z,y) = Ip(z,y+ Ay),  L(z,y) = I(z,y— Ay), (S153)

We neglect the image blur caused by defocus and consider only the geometric lateral displacement as the
dual-LED method.

The autocorrelation between I; and I yields a peak corresponding to the total lateral shift 2Ay. Equiv-
alently, according to the Fourier translation theorem, the Fourier transform of the summed image exhibits a
cosine modulation:

\F{Ii + I}| = | F{Io} (7 *v2Y 4 etitndv)|

= 2|F{Io}|[cos(kyAy)|

Eq. (S154) shows that the fringes introduced by lateral shift should cover all spectrum within pupil con-
straints. That is to say, within all overlap regions in the spectrum (S and §* and their centrosymmetric part
in Fig. S28), there should exist evenly spaced fringes. However, this is both theoretically and experimentally
not accurate in DADbI. The circular fringes within the region &* can only be explained by our theoretical
analysis in Note 1.

(S154)

Figure S28: DADbI spectral fringe patterns at different regions under a defocus distance of 30 pym with
20x /0.40NA system: a, simulation and b, experiment.

Difference 2: Dual-LED theory cannot explain the curved fringes in DAbI, especially in high NA set-
tings.

As we discussed in Note 1.5, the DAbI fringes may not be straight. Especially in a high-NA setting,
we observe curved fringes in set S (Fig. S4). However, the curved fringes cannot be explained through
the dual-LED theory. The auto-/cross-correlation of the image(s) should result in evenly spaced periodic
patterns, rather than curved patterns.
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Difference 3: Dual-LED theory cannot work when the image translation is very large (similar to image
size), while DADI can.

Dual-LED methods heavily rely on image translation. If the image shift is close to the FOV size, the
dual-LED methods can barely detect defocus distances due to the limited image overlap. In contrast, thanks
to the in-depth theory support from wave-optics and aberration analysis, DAbI together with the system
and algorithm design obtained a better signal-level in defocus detection. We validate this point with the
following experiment.

Here, we experimentally demonstrate that capturing 256x256-pixel intensity images (20x/0.40NA, a
camera pixel pitch of 6.5 pm, and the same illumination angles) at a defocus distance of 450 nm. Figure S29
a,b shows the experimental raw intensity images under the above setting for DAbI. Theoretically, the lateral
shift should be in the vertical direction for 229 pixels, which is very close to the FOV size. That is to say,
the two images only have a 10% overlapping region. If we perform the cross-correlation of these two images,
we cannot find the peak in the cross-correlation profile (Fig. S29c¢).

Instead, when we apply the DADI algorithm, given that it is wave-optics based, we can use the virtual
defocus aberration strategy to digitally propagate inverse virtual defocus distance (150 pm) back to break
the samping rate limit and get good peaks indicating a modified defocus distance of 300 pm, as shown
in Fig. S29d. The reason why DADbI could work in this low overlapping case is that fundamentally DAbI
fringes originate from the digital interference of two shifted defocus pupil functions in the intensity spectra,
rather than the image lateral shift. Even if the sample content of two images is mostly different due to the
large defocus distance and the small patch size, the corresponding sample spectrum O(k ) still shares some
similarity, especially in the low frequency part. The two shifted defocus aberration pupil can still produce
DADI fringes after virtual strategy, on top of random sample phase modulations.

To make a fair comparison, we implemented dual-LED methods (256 x256-pixel, 20x /0.40NA, camera
pixel pitch 6.5 pm, and illumination angle 8 = 12.3°) at certain defocus distances that has a similar number
of shifts between two images, around 202 and 269 pixels. The resultant detection of defocus fails in the
dual-LED method, as shown in Fig. S29e,f.

Difference 4: Dual-LED cannot work on volumetric samples, while we developed a theory for DADbI to
work on autofocusing of thick samples (Note 2).

Dual-LED methods have been adapted to autofocusing for 2D samples, however, they have not been
reported for autofocusing volumetric samples from both theory and experimentations. On the contrary,
we have developed a comprehensive theoretical framework (Note 2), together with system and algorithm
design, enables the validity of autofocusing in thick samples using DAbI. We have shown experimental
demonstrations of thick sample autofocusing in Figure 4 in the main paper.

In Figs. S30 and S31, we provide additional details comparing the thick-sample autofocusing performance
of the dual-LED method and DADbI. Specifically, we evaluate the autofocusing capability of DAbI and the
dual-LED approach using a 150 pm—thick mouse kidney tissue section. All system parameters for DAbI
and the dual-LED method are identical to those described in Difference 2 of this section, except that a
FOV of 2048 x 2048 pixels is used. Two representative defocus distances, 125 pm and 450 pm, are tested and
presented in Figs. S30 and S31, respectively. In both cases, under DAbI illumination settings, we observe
clearly visible DAbI fringes, enabling accurate estimation of the defocus distance. In contrast, the dual-LED
method fails to reliably detect the defocus distance under these thick-sample conditions.

53



©
f
0

c!

%108
14
d
124
104
—~ 8]
S
8 45
44 . Desired
L peak
2 L
0 ; . . , . .
0 20 40 60 80 100 120
Pixels
e s <10 , , , L f g x10°
7 6 -
6-
5
5
— 4
S 4
R 34
3.
2.
2. -
11 J \ o
0 . , ; : . 0 , . : . ,
0 50 100 150 200 250 0 50 100 150 200 250
Pixels Pixels

Figure S29: Experimental comparison for dual-LED methods and DAbI. a,b, Two intensity images from
DADI. ¢, Cross-correlation profile between a and b. d, Line profile of fringe detection with DAbI in the
Fourier domain with a 229-pixel lateral shift. A virtual defocus distance of 150 ym has been applied. The
arrow indicates the correct fringe spacing that corresponds to 449.1 pm (ground truth 450 pm). Fringe
spacing detection using dual-LED methods with a lateral shift of e, 202 pixels and f, 269 pixels, respectively.
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Figure S30: Experimental comparison for dual-LED methods and DADI in a thick sample at a small defocus
distance. a, Raw intensity image from dual-LED methods. b, dual-LED defocus detection failed. ¢, DAbI
fringes of a thick sample in the experiment. d, DAbI successfully detects the defocus distance. Ground truth
defocus: 125 pm, PBR stands for peak-to-background ratio.
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Figure S31: Experimental comparison for dual-LED methods and DADI in a thick sample at a large defocus
distance. a, Raw intensity image from dual-LED methods. b, dual-LED defocus detection failed. ¢, DAbI
fringes of a thick sample in the experiment. d, DAbI successfully detects the defocus distance. Ground truth
defocus: 450 pm, PBR stands for peak-to-background ratio.
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Differences in algorithm and system design: Compared with dual-LED, DAbI introduces a virtual
defocus aberration strategy in its algorithm and adopts a different illumination configuration.

According to the DAbI theorem, the contribution of each individual intensity spectrum within the fringe
region S can be approximated as the complex field of the sample spectrum multiplied by a shifted pupil
function. This formulation implies that the corresponding complex field can be digitally propagated forward
or backward, and its phase can be deliberately manipulated to modify the DADI fringe characteristics. This
observation motivates the proposed virtual defocus aberration strategy in our algorithm design. The most
important application of this strategy arises in the small defocus regime, where interference fringes are not
directly observable. In such cases, DAbI can digitally propagate the complex fields to larger defocus distances,
thereby enhancing fringe visibility and enabling accurate defocus distance estimation. This mechanism allows
robust autofocusing over the entire operational focusing range.

Beyond defocus magnitude estimation, the virtual defocus aberration strategy further enables determina-
tion of the defocus direction, compensation of fringe curvature in high-NA systems with iterative algorithms,
and correction of image distortions caused by inherent system aberrations.

In contrast, conventional dual-LED methods are based on geometric optics and perform auto- or cross-
correlation directly on intensity images. As a result, they lack access to complex field information and cannot
implement analogous virtual propagation strategies. Consequently, dual-LED approaches fail to reliably
handle small defocus distances. A comprehensive performance comparison between DAbI and dual-LED
methods at small defocus distances is presented in the following Comparison of performance paragraphs
in this section.

Based on the DADI principle and the virtual defocus aberration strategy, we design DAbI illumination
patterns that are fundamentally different from dual-LED approaches. Instead of positioning two LEDs
diametrically opposite to maximize image shift, DAbI places two illumination LEDs close to each other (small
azimuthal illumination angle #), with a polar illumination angle 8 approaching the system NA (Fig. S32).
This configuration effectively enlarges the interference fringe region S. As a result, DAbI achieves higher
fringe contrast, improved defocus detection accuracy, and a substantially extended autofocusing range, as
demonstrated by the performance comparison below.

a 20 b
LED LED LED
.ﬁ # -
, LED .
ﬁv\i L151D #2 4 i v\% / §1D' lsz
=~ LED
[T #1
Sample  pAp) Sample  nLal-LED

Figure S32: Illumination setup schematic for a, DAbI, b, dual-LED methods

Comparison of performance: At the same level of accuracy, compared with dual-LED methods, DAbI
covers a broader range for defocus detection.

Apart from principles and methodology, our method shows superior defocus detection capability compared
with dual-LED methods. To make a fair comparison, we calibrated dual-LED and DADbI on the same imaging
system with the same set of samples. We implemented both methods under two settings: (1) 20x/0.40NA
objective lens, with 8 = 23.0°,0 = 11.25° for DAbI and 8 = 12.3°,0 = 90° for dual-LED methods; (2)
40% /0.65NA objective lens, with 8 = 23.0°,0 = 11.25° for DAbI and 8 = 12.3°,60 = 90° for dual-LED
methods. Note that the values of 8,6 in dual-LED methods were derived from the reference [11]. In both
settings, a camera (PCO edge 5.5) with a pixel pitch of 6.5 pm was used. The samples used in these
experiments varied across stained and unstained human tissues, mouse tissues, and cellular-type samples.
Additionally, 4-6 samples (stained and unstained) were used for system calibration for both methods, and
these results were included in the following Figures.

We compare the performance of the two methods in Figs. S33, S34, S35, and S36. Under the 20x /0.40NA
configuration, DAbI method achieved high focusing accuracy within the system DoF (+4.06 pm) and con-
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sistently maintains this performance from 0 pm to approximately 900 pm on one side of the focal plane
(top panel of Fig. S33). This corresponds to an autofocusing range of 1800 pm, which is approximately 443
times the native DoF. In contrast, the dual-LED method maintained high accuracy only up to about 300 pm
(bottom panel of Fig. S33). Beyond this range, its focusing error increases substantially, frequently exceeding
the system DoF and in some cases surpassing 10 pm, as indicated by the red crosses and annotations in
Fig. S33.

At small defocus distances (e.g., less than 30 pm), the image shifts induced by defocus are minimal. As a
result, the dual-LED method had limited ability to reliably resolve these shifts, leading to frequent failures
in defocus estimation (Fig. S34). In contrast, DADbI, enabled by the virtual defocus aberration strategy
(Note 1.6), was capable of accurately detecting small defocus, with the resulting errors remaining within the
DoF (Fig. S34).

We further evaluated a comparison under a different system configuration (40x/0.65 NA) to evaluate
the generalizability of the above conclusions. As shown in Figs. S35 and S36, DADbI consistently maintained
high focusing accuracy from 0 pm to approximately 270 pm in one axial direction, corresponding to an
effective range of 365x the native DoF. In contrast, the dual-LED method remains reliable only within a
much narrower range of approximately 5-110 pm.

The performance advantages of DAbI at both large and small defocus distances are particularly beneficial
for biological and clinical microscopy applications. For instance, in multi-well plate bioimaging (e.g., 96- or
48-well formats), switching between wells can introduce substantial defocus offsets, necessitating a long-
range autofocusing capability. Conversely, whole-slide pathology imaging typically involves gradual axial
variations, for which high sensitivity to small defocus distances is critical. These performance advantages
establish DADbI as a powerful tool for microscopic autofocusing.
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Figure S33: Experimental comparison of autofocusing performance of DAbI (upper panel) and dual-LED
method (bottom panel) over a long range under the 20x /0.40NA setting with 20 samples (n=20). The red
crosses and annotations denote the number of significantly failed cases.
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Figure S34: Experimental comparison of autofocusing performance of DAbI (upper panel) and dual-LED
method (bottom panel) at small defocus distances under the 20x /0.40NA setting with 20 samples (n=20).
The red crosses and annotations denote the number of significantly failed cases.
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Figure S35: Experimental comparison of autofocusing performance of DAbI (upper panel) and dual-LED
method (bottom panel) over a long defocus range under the 40x /0.65NA setting with 10 samples (n=10).
The red crosses denote the significantly failed cases.
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Figure S36: Experimental comparison of autofocusing performance of DAbI (upper panel) and dual-LED
method (bottom panel) at small defocus distances under the 40x /0.65NA setting with 10 samples (n=10).
The red crosses denote the significantly failed cases.
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9.2 Focus metric methods

The focus metric methods [14-17] have been widely studied for their simplicity (no requirements for any
system modifications). Typically, metrics are used as the guidance for a search algorithm along multiple axial
positions (e.g. golden search). Alternatively, these methods typically compute metrics for an image stack
along the axial direction (e.g. coarse-to-fine method). Then the optimal metric is selected to represent the
best focus plane. A variety of focus metrics have been proposed and implemented for different microscopes
or sample types.

The autofocusing range of the focus metric is constrained by a predefined range (the defocus search range).
A larger search range is accompanied by more image acquisitions, leading to increased light exposure and
prolonged autofocusing time.

If the metrics are strictly monotonic on each side of the focal plane, finding the optimal focal plane
within a predefined range becomes a convex optimization problem. Golden-section or Fibonacci search will
therefore yield the optimal solution [18].

Given a desired accuracy of DoF (d«) and a predefined search range [—Z, Z|, where the initial interval
length is Lo = 2Z, the golden-section search (similar to binary search, but with a ratio of du = %) shrinks
the search range by a constant factor at each iteration:

1 t
Li = Lo <5u> , (S155)

where t denotes the ' iteration.
To guarantee that the final uncertainty interval is no larger than the desired accuracy, we require

Ly < éa. (5156)
Substituting the expression for L; yields
1\
2Z{— ] <o 5157
<5u> = (5157
which leads to the following lower bound on the number of iterations:
In (32)
. 5158
= (o) (5158)

In golden-section search, two evaluations are required for initialization, and each subsequent iteration
introduces one new evaluation by reusing a previously sampled point. Therefore, the total number of image
acquisitions (focus metric evaluations) required to achieve accuracy d« is

N =t 4 2= | 2G| o (S159)
e In(5)

We validated these image acquisition needs through experiments and compared them with DAbI (shown
in Fig. S37). Examples of using four different metrics on the same sample to find the focal plane with an
accuracy of <DoF (Fig. S38). An example of sequentially captured images through golden search is presented
in Fig. S39.

Through our experiments, we found that the golden search algorithm is valid when the predefined search
range is small. In our demonstrated experiments, this predefined search range is smaller than +30 pm under
a 20x /0.40NA objective lens. If the predefined range gets larger, the monotonicity of focus metrics at each
side of the focal plane may not be valid (shown in Fig. S40). In such a situation, a coarse-to-fine strategy is
efficient and robust, with a sequential axial scanning with big steps, followed by the golden search within a
small interval. In this case, many more image acquisitions are needed.

In addition to the autofocusing range and the number of image acquisitions, the focus metric also requires
multiple mechanical movements along the axial direction, while DAbI only needs one mechanical move. These
moves and stops significantly increase the autofocusing time.

Finally, it lacks a uniform metric suitable for general scenarios [9]. Different metrics may suit for distinc-
tive sample types. For example, in Fig. S41, we experimentally demonstrate that for an unstained human
pathology tissue sample, the Laplacian variance metric works on finding the focal plane, while other metrics
failed.

63



M [ 12 images (+£900 pm)
800 1 DAb [ ]4 images (+10 pum)
600 1 [16 images (£20 pm)
[18 images (+30 pum)
400 -
Eb 200
) 0 1 = — —
2
« 2001 | |
-400 Focus Metrics
-600
-800 1
2 4 6 8
# of images

Figure S37: Comparison between DAbI and focus metric methods. The vertical axis indicates the defocus
detection range, and the lateral axis denotes the number of images needed to find the focal plane.

9.3 Tilted sensor methods

The tilted sensor methods [19-21] utilize the oblique placement of a focusing sensor. A beam splitter is
implemented to direct part of the light to the image sensor and the rest to the focusing sensor. The center
of the tilted sensor is conjugate to the focal plane of the imaging system. The optimal focus position can be
inferred by locating the peak of the contrast curve in real time.

The autofocusing range of this method is constrained by the tilt angle of the focusing sensor. A larger
oblique angle yields a longer autofocusing range, but at the cost of focusing precision. Additionally, this
method may not work for transparent samples, since out-of-focus regions have a higher contrast.

9.4 Deep learning methods

Recently, deep learning methods have gained significant popularity in various applications. In the field of 2D
autofocusing, some image-based deep learning methods [22-28] output a defocus value and then move the
sample back to the focal plane. This type of method only requires a single image capture. The other type
of method [29-32| directly generates an in-focus image from an out-of-focus image using generative models.
The nature of this type of method is actually extending the DoF (DoF) digitally. However, the existing
papers still categorize these deep learning methods as autofocusing methods.

In both cases, the deep learning methods suffer from generalization issues. They can be sample-dependent
and system-dependent. The validity of these methods relies on high-quality, large-scale training datasets,
which hinders the wide application of these methods.

9.5 Phase detection methods

Phase detection autofocusing has been extensively used in most digital single-lens reflex cameras (DSLR)
[33]. It separates the incoming light into two beams and records paired images. The translation shifts
between the two images can infer the defocus amount.

This concept has also been applied to optical microscopy [34-36] with an additional focusing sensor
and some optical modifications. This type of method is fast but requires precise optical alignments and
calibrations. Compared with DAbI, phase detection methods cannot achieve a long autofocus range, since the
additional sensor has a limited size. The method requires a beam splitter and other optical components, which
reduces the light efficiency. This photon budget becomes critical when automating fluorescence microscopes.
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Figure S38: An experimental example of focus metric golden search within a range of +30 pm. The numbers

in the figure correspond to the focus metrics of the sequentially captured images.
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Figure S39: An example of 8 experimentally captured images using focus metric golden search within a range
of £30 pm. The numbers in the figure correspond to the image sequence.
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Figure S40: An example of invalid monotonicity of focus metric on either side of the focal plane.
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Figure S41: An example of focus metrics for finding the focal plane of an unstained human pathology tissue
sample.

9.6 Beam splitter array methods

Beam splitter array-based methods [37, 38] employ a 45-degree semireflective beam splitter array to divide
the incoming light path and direct it toward different regions of a focusing sensor, enabling simultaneous
image acquisition across multiple axial planes. These multi-plane images are then processed using focus
metrics and curve-fitting models to achieve accurate image-based autofocusing, following a principle similar
to focus metric methods.

The beam splitter array methods demand additional beam-splitting optical designs, which compromise
photon efficiency and introduce increased system complexity. The intricate optical architecture also poses
challenges for integration into diverse imaging modalities and system configurations. Moreover, its autofo-
cusing range is inherently limited by the finite area of the focusing sensor. Like focus metric methods, this
approach is also ineffective for transparent or thick samples.

9.7 Triangulation methods

Triangulation methods [39-42] are active autofocus techniques that translate axial defocus into a measurable
lateral displacement. They illuminate the coverslip—sample interface with a thin, line-shaped near-infrared
beam delivered at an oblique angle. When the interface moves axially away from the nominal focal plane, the
reflected beam strikes the sensor at a laterally shifted position that scales linearly with the defocus distance,
enabling the system to quantify the defocus distance.

Compared to DADI, this type of method requires complex illumination and detection optics, making the
system highly intricate. It is limited to specific sample formats, such as live cells housed in imaging chambers
with standard coverslips, and is not compatible with conventional microscope slides or thick plastic dishes.

9.8 Low-coherence interferometry methods

The low-coherence interferometry methods [43, 44] employ a Fourier-domain optical coherence tomography
(OCT) setup as an auxiliary optical path for autofocusing. The sample is illuminated at an oblique angle
using a broadband low-coherence light source, and its axial depth reflectivity profile (A-scan) is acquired
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based on Fourier-domain OCT principles. The recovered profile is then analyzed to determine the in-focus
position.

Compared to DADI, this type of method requires highly specialized and complex optical designs for
both illumination and detection, which significantly increases system complexity and alignment difficulty.
As a result, it is generally less favorable than DADI in terms of system simplicity and photon efficiency.
Furthermore, this approach typically detects only the reference plane instead of locating the actual sample
plane within the specimen. Consequently, it is limited to specific sample formats and incompatible with
conventional microscope slides. In addition, this method may struggle with thick or highly scattering samples.

9.9 Confocal pinhole methods

The confocal pinhole method [45] is a laser-based reflective autofocusing method using confocal pinhole
detection. A laser beam is expanded and focused onto the sample substrate, and the reflected light is
directed through a confocal pinhole before being detected by a photodetector. The confocal pinhole serves
to spatially filter out out-of-focus reflections, thus enhancing the axial resolution. By performing axial
scanning, a depth-resolved reflectance intensity profile is generated, and the sample axial position can be
located.

Both DADI and the confocal pinhole method are capable of achieving high-precision autofocusing over
a relatively large axial range. However, the confocal pinhole approach requires a dedicated laser-based
confocal setup and depends on time-consuming axial scanning to identify the in-focus position. This added
complexity makes it less favorable in terms of system simplicity, operational efficiency, and phototoxicity.
Additionally, the confocal method typically detects only a predefined reference surface rather than the actual
sample interface, which can lead to inaccurate focus for thick specimens.

9.10 A brief summary of DAbI

DADI shows significant advantages in long autofocusing range, low photon budget, generalizability, versatility,
and 3D capability. The potential improvement on DADI is to push for real-time responses. In the future, the
algorithm for searching fringe valleys can potentially be further improved, aiming at the millisecond-level
responses.
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10 Digital refocusing with Fourier ptychography

Several advanced complex-field imaging techniques, such as Annular Ptychographic Imaging with Closed-
form method (APIC) [46] and Fourier Ptychographic Microscopy (FPM) [47], can digitally correct moder-
ate system aberrations, including defocus, by recovering the pupil function from multiple measurements.
Although these methods offer some degree of DoF extension beyond conventional microscopy, the digital
refocusing range remains limited, hindering their utility in high-throughput and fast-imaging scenarios.

DADBI can be seamlessly integrated with these techniques to substantially extend their effective DoF
and overcome this limitation. It provides a precise estimate of defocus without requiring additional mea-
surements (for FPM and APIC). When incorporated into reconstruction workflows with moderate modi-
fications, this defocus prior enables pre-correction of aberrations and significantly improves reconstruction
fidelity—particularly under large defocus conditions. As demonstrated in the main paper, the integration of
DADI with APIC achieves a 20-fold extension of the DoF compared to conventional brightfield transmission
microscopes, equivalent to a 4.8-fold improvement over APIC alone.

Here, we further demonstrate the versatility of DAbI by integrating it with another widely adopted
complex-field imaging technique, FPM [48]. Figure S42 shows the experimental results of a standard
USAF1951 phase resolution target acquired using FPM, with and without DAbI, across a range of defo-
cus distances. For this experiment, we used an annular-illumination FPM setup [49], which captured 24
brightfield measurements from 24 NA-matching illumination angles. DADI estimates the defocus distance
directly from two alternate raw intensity measurements, which is then incorporated into a digital refocusing
FPM algorithm to enable accurate reconstruction under strong defocus conditions [50, 51]. With DAbI’s
defocus detection capability, we extended FPM’s digital refocusing ability by a factor of 7.2, representing a
15-fold increase of effective DoF over conventional bright-field or phase-contrast microscopy.
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Figure S42: Experimental evaluation of digital refocusing using FPM with DADI. a, Performance evaluation
of digital refocusing with only FPM and DAbl-assisted FPM. b1-5, Zoom-in of reconstructions of USAF1951
phase targe using DAbl-assisted FPM at different defocus distances.c1-5, Zoom-in of reconstructions of
USAF1951 phase target only using FPM. HDoF: Half DoF. Scale bar: 20 um.
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11 Comparison between digital refocusing and mechanical refocus-
ing

In this section, we present an experiment that directly compares digitally refocused reconstructions from
DAbl-assisted APIC [46], against reconstructions obtained from mechanically refocused, in-focus measure-
ments. This experiment quantifies how accurately DAbl-assisted APIC is in digital refocusing to recover
in-focus absorption/phase information from defocused acquisitions.

We collected multiple FOVs from both H&E-stained and unstained human lung cancer tissue slides. For
each FOV, the sample was first intentionally positioned at a known defocus distance relative to the nominal
focal plane, followed by the APIC acquisition. For both sample types, we only used the green LEDs.

Using the defocused measurements, we reconstructed the in-focus complex field via DAblI-assisted APIC.
For the H&E-stained slides, we report the reconstructed amplitude images, which predominantly reflect
absorption in the green channel. For the unstained slides, we report quantitative phase reconstructions.

As a reference for real refocusing, we then mechanically refocused the microscope to the true in-focus
position and reconstructed the corresponding in-focus measurement using APIC alone. These mechani-
cally refocused reconstructions serve as the ground-truth baseline for evaluating the fidelity of the digitally
refocused results.

We quantified the agreement between digital and mechanical refocusing using standard image quality
metrics. For the H&E absorption (amplitude) images, we used the Structural Similarity Index Measure
(SSIM) and the Peak Signal-to-Noise Ratio (PSNR). For the quantitative phase images, we used the Root
Mean Square Error (RMSE), since it directly measures deviations in the physical phase values rather than
perceptual similarity.

The results are summarized in Fig. S43. The left panel compares absorption reconstructions, and the
right panel compares quantitative phase reconstructions, across multiple FOVs and defocus distances, with
the corresponding evaluation metrics reported in each panel. Overall, the digitally refocused reconstructions
closely match the mechanically refocused baselines over the tested defocus range, achieving SSIM > 0.89 for
absorption images and RMSE < 0.09 rad for phase images. These results demonstrate that the proposed
DAbl-assisted APIC pipeline enables accurate digital refocusing with performance comparable to true me-
chanical refocusing, supporting the precision and reliability of the refocusing-based reconstructions presented
in Fig. 8 in the main paper.
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Figure S43: Mechanical refocusing versus DAbl-assisted digital refocusing with APIC. (al,a3,a5) Amplitude
(absorption in the green channel) reconstructed by APIC from mechanically refocused in-focus measurements
of an H&E-stained NSCLC tissue section. The axial refocusing distance Az is annotated in the top left cor-
ner. (a2,a4,a6) Corresponding digitally refocused amplitude reconstructed from a single defocused acqui-
sition using DAblI-assisted APIC for the same FOVs. The Structural Similarity Index Measure (SSIM) and
Peak Signal-to-Noise Ratio (PSNR) between digital and mechanical refocusing are reported in each panel.
(b1,b3,b5) Quantitative phase reconstructed by APIC from mechanically refocused in-focus measurements
of an unstained NSCLC tissue section, with Az annotated. (b2,b4,b6) Corresponding digitally refocused
phase reconstructed from the defocused acquisition using DAbl-assisted APIC. The Root Mean Square Error
(RMSE, rad) between digitally refocused phase and the mechanically refocused baseline is reported in each
panel. Scale bar: 50 pm.
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12 Runtime scaling of DAbI

We benchmark the runtime scaling of the proposed DAbI algorithm on a CPU (Intel i7-14700KF) and a
GPU (NVIDIA GeForce RTX 4090) across a range of input image sizes. The input images have side lengths
ranging from 512 to 2048 pixels, with a step size of 256. For each image size, DADbI is executed 10 times on
both CPU and GPU using multiple defocus distances and sample types, and the mean processing time and
standard deviation are reported.

The results are summarized in Fig. S44. As the image size increases, the processing time of DADI
approximately follows an O(N log N) scaling behavior, where N denotes the total number of pixels.

Overall, DADI typically executes in < 0.6s on CPU and < 0.15s on GPU, demonstrating the com-
putational efficiency of the proposed algorithm and highlighting its suitability for real-time autofocusing
applications.
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Figure S44: Runtime scaling of DAbI on CPU and GPU using experimental data. Blue and red circles
denote the mean DADI processing time over 10 repetitions across different samples and defocus distances on
the CPU and GPU, respectively; error bars indicate standard deviation.
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13 Additional experiments

In this section, we present additional experimental results.

13.1 Additional results for live mouse embryo imaging with DAbI

In the main paper, we have shown that DADI facilitates automatic volumetric multi-well imaging. DAbI can
eliminate the need for manual focusing when positioning the sample to a different well. Here, we showed
additional results on this appealing application in Fig. S45.

Az =-75 ym

('n'e) Aususyy|

o

Figure S45: Experiments on multi-well live mouse embryo imaging with a, angular Fourier ptychotomogra-
phy, and b, brightfield transmission microscopy. DAbI fringes can be extracted for defocus estimation. Scale

bar 20 pm.

13.2 DADI chromatic aberration correction in digital pathology

In the digital refocusing application, DADbI can produce a defocus prior to reconstruction algorithms to
numerically bring the image back to focus. With this concept, DADbI can also correct chromatic aberration.
By applying DADI to every color channel, the wavelength-dependent defocus distances can be retrieved. In
Fig. S45, we demonstrated that the H&E-stained human lung cancer tissue imaged by complex-field imaging
exhibited different defocus distances in the three color channels, Az = 19,22, 21 pm, respectively.
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Figure S46: Experiment on H&E-stained human lung cancer imaging with DAbI applied to each color channel
for chromatic aberration correction. Scale bar 50 pm.
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14 Additional discussions

14.1 Adaptation to reflection-mode microscopes

Although all demonstrations in this paper and the Supplementary Notes are performed on transmission-
mode optical microscopes, DADI is equally compatible with reflection-mode microscopes. A potential system
configuration for reflection-mode implementation is illustrated in Fig. S47. In this design, the illumination
sources, together with an additional relay lens and a beam splitter (Lens 1 and BS in Fig. S47), provide
oblique illumination delivered from the backside of the objective lens. The combination of Lens 1 and the
objective forms a 4 f—system that relays the tilted illumination onto the sample plane. The scattered and
unscattered light from the sample is then collected through the standard detection pathway.
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Figure S47: A potential system configuration for adapting DAbI to the reflection-mode microscopes. BS:
beam splitter.

14.2 Potential reduction to a single image autofocusing

Our theoretical analyses of DAbI in Notes 1 and 2 provide a deep understanding of the defocus effect and
defocus detection in a wave-optics perspective. Additionally, we have explained why two images are needed
in DADbI to achieve robust defocus detection. However, some situations may need ultrafast autofocusing
for mass-production inspection or parallel bio-imaging. In these situations, we may need to reduce image
acquisition to a single capture. We believe

Our theoretical analyses of DADI in Notes 1 and 2 provide a comprehensive wave-optics understanding of
defocus effects and defocus detection. We have also explained why two intensity measurements are required
in DADI to achieve robust and unambiguous defocus estimation.

Nevertheless, certain applications—such as high-throughput industrial inspection and large-scale parallel
biological imaging—require ultrafast autofocusing, where reducing image acquisition to a single capture may
be highly desirable. In such scenarios, we believe that single-image variants of DAbI may be possible by
introducing additional system constraints or priors. For example, data-driven approaches may learn to infer
defocus from subtle spectral or spatial cues present in a single image.

It is important to note that these single-image strategies would likely involve trade-offs between robust-
ness, performance, and generality compared with the two-image formulation of DAbIL. Nonetheless, they may
offer a favorable balance between speed and performance in throughput-limited applications. Investigating
such single-shot extensions of DAbI remains an interesting direction for future work.
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15 Sequence information for plasmid

15.1 rtTA plasmid sequence

ttgagatcctttttttctgegegtaatctgetgettgcaaacaaaaaaaccaccgetaccageggtggtttgtttgecggatcaagagetaccaactectttttccgaagg
taactggcttcagcagagcgcagataccaaatactgttcttctagtgtagecgtagttaggeccaccacttcaagaactctgtagcaccgectacatacctcgetctgeta
atcctgttaccagtggctgetgecagtggegataagtcgtgtcttaccgggttggactcaagacgatagttaccggataaggegeageggtcgggetgaacggggggttce
gtgcacacagcccagettggagecgaacgacctacaccgaactgagatacctacagegtgagetatgagaaagegecacgettecccgaagggagaaaggeggacaggtate
cggtaagcggcagggtcggaacaggagagegecacgagggagettccagggggaaacgectggtatctttatagtecctgtegggtttcgecacctectgacttgagegtega
tttttgtgatgectcgtcaggggggeggagectatggaaaaacgecagecaacgeggectttttacggttcctggecttttgetggecttttgetcacatgtecctgeaggea
gctgegegetcgetcgetcactgaggecgecegggegtecgggegacctttggtcgeccggectcagtgagegagegagegegecagagagggagtggecaactecatcact
aggggttcctgeggecgecacgegtaacactagttattaatagtaatcaattacggggtcattagttcatagecccatatatggagttccgegttacataacttacggtaaa
tggceccgectggetgaccgeccaacgaccccecgeccattgacgtcaataatgacgtatgttcccatagtaacgecaatagggactttccattgacgtcaatgggtggagt
atttacggtaaactgcccacttggcagtacatcaagtgtatcatatgeccaagtacgecccctattgacgtcaatgacggtaaatggeeccgectggeattatgeccagtac
atgaccttatgggactttcctacttggcagtacatctacgtattagtcatcgectattaccatggtcgaggtgageccccacgttetgettcactctecccatcteccecccc

ctccccacccccaattttgtatttatttattttttaattattttgtgecagegatgggggeggggeseeesegggegggcgegegecaggcgegggcgggecggegcgagss
gcggggcggggegaggeggagaggtgeggeggeagecaatcagageggegegetccgaaagttteccttttatggegaggeggeggeggeggeggecctataaaaagegaa
gecgegeggegggegggagtcgetgegegetgecttegeceegtgeccegetecgecgeecgectegegecgeccgecccggetctgactgaccgegttactcccacaggtg
agcgggecgggacggeccttctectecgggetgtaattagegettggtttaatgacggettgtttettttectgtggetgegtgaaagecttgaggggetececgggagegeceg
gcaggaaggaaatgggecggggagggccttcgtgegtegeecgegecgeegteccccttecteeccteteccagecteggggetgtccgeggggggacggetgectteggggggga
cggggcagggeggggtteggettctggegtgtgaccggeggetctagagectetgetaaccatgttcatgecttecttctttttectacagetectgggecaacgtgetggt
tattgtgctgtctcatcattttggcaaagaattgeggecccaacggtaccgecaccatgtctaggetggacaagagcaaagtcataaacggagetctggaattactcaatg
gtgtcggtatcgaaggcctgacgacaaggaaactcgetcaaaagetgggagttgagecagectaccctgtactggecacgtgaagaacaagegggecctgetcgatgeectg
ccaatcgagatgctggacaggcatcatacccacttctgecccecctggaaggegagtcatggecaagactttctgeggaacaacgeccaagtcataccgetgtgetctectetce
acatcgcgacggggctaaagtgcatctcggcacccgeccaacagagaaacagtacgaaaccctggaaaatcagetegegttcctgtgtcagecaaggettctcecctggaga
acgcactgtacgctctgtccgecgtgggecactttacactgggetgegtattggaggaacaggagcatcaagtagcaaaagaggaaagagagacacctaccaccgattct
atgcccccacttctgagacaagcaattgagectgttcgaccggcagggagecgaacctgecttecctttteggectggaactaatcatatgtggectggagaaacagetaaa
gtgcgaaagcggegggecgaccgacgeccttgacgattttgacttagacatgetcccagecgatgeeccttgacgattttgaccttgacatgetccccgggtaaaagetta
tcgataatcaacctctggattacaaaatttgtgaaagattgactggtattcttaactatgttgectccttttacgectatgtggatacgetgetttaatgectttgtatcat
gctattgecttccecgtatggetttcattttctecteccttgtataaatecctggttgetgtctctttatgaggagttgtggeccgttgtcaggecaacgtggegtggtgtgeac
tgtgtttgectgacgcaacccccactggttggggcattgecaccacctgtcagetectttecgggactttecgetttcccecteecctattgecacggeggaactcategecg
cctgececttgeccgetgetggacaggggeteggetgttgggecactgacaatteecgtggtgttgtcggggaaatcategtecctttecttggetgetecgectatgttgecacc
tggattctgecgegggacgtccttectgetacgtccctteggeecctcaatccageggaccttecttcececgeggectgetgecggetetgeggectctteecgegtettegect
tcgeectcagacgagtceggatctcecctttgggecgectecccgeatcgataccgagegetgetcgagaatcggagacggtgtaatgatacgggtggeatccctgtgacce
ctccccagtgectctcctggecctggaagttgecactccagtgeccaccagecttgtcctaataaaattaagttgecatcattttgtctgactaggtgtccttctataata
ttatggggtggaggggggtggtatggagcaaggggcaagttgggaagacaacctgtagggectgeggggtctattgggaaccaagetggagtgecagtggecacaatettgg
ctcactgcaatctccgectcctgggttcaagegattctcctgectcagectececcgagttgttgggattccaggecatgecatgaccaggetcagetaatttttgtttttttg
gtagagacggggtttcaccatattggccaggetggtctccaactcctaatctcaggtgatctacccaccttggectcccaaattgetgggattacaggegtgaaccactg
ctcccttcecctgtecttectgattttgtaggtaaccaccgacagettgtctctccagatgetcttgggecatcttccacategteccgtagecagecttggecaatttgecate
actggcaaatacacataaatccaatgaatacggttaccaccatcacattaccatgcaggtacacagcaagaattgacgttggcatatcacatggtgtaataaccccactt
gtgaaacaacccagaataaggtacaaggcggaaatgtcgtcattctaaaataaaaggcatggecaggaatttgtctaataccgggaacttaaattcagettgaacaccag
tcgcaaaaaattcaaagaaagtgattcaggttcgggttcgtggattggaacagettcttttgtttcagtgatgagagaatcctecctgtcaccctttagtgagggttaatt
ctcgagtctccctatagtgagtcgtattaattccgtgeggaccgageggecgecaggaaccectagtgatggagttggecactcectctetgegegetcgetcgetcactg
aggccgggegaccaaaggtcgeccgacgeeccgggetttgeccgggeggectcagtgagegagegagegegeagetgectgeaggggegectgatgeggtattttctectt
acgcatctgtgcggtatttcacaccgcatacgtcaaagcaaccatagtacgecgecctgtageggegecattaagegeggegggtgtggtggttacgegecagegtgaceget
acacttgccagcgecttagegeccgetcctttegetttctteccttecctttectegecacgttcgecggettteccecgtcaagetctaaategggggetecctttagggtt
ccgatttagtgctttacggcacctcgaccccaaaaaacttgatttgggtgatggttcacgtagtgggecatcgecctgatagacggtttttegecctttgacgttggagt
ccacgttctttaatagtggactcttgttccaaactggaacaacactcaactctatctcgggectattcttttgatttataagggattttgecgatttcggtctattggtta
aaaaatgagctgatttaacaaaaatttaacgcgaattttaacaaaatattaacgtttacaattttatggtgcactctcagtacaatctgetctgatgecgecatagttaag
ccagccccgacacccgccaacacccgetgacgegecctgacgggettgtctgeteccecggeateccgettacagacaagetgtgacecgtctccgggagetgeatgtgtcaga
ggttttcaccgtcatcaccgaaacgcgecgagacgaaagggectegtgatacgectatttttataggttaatgtcatgataataatggtttcttagacgtcaggtggeact
tttcggggaaatgtgegeggaaccectatttgtttatttttctaaatacattcaaatatgtatccgetcatgagacaataaccctgataaatgettcaataatattgaaa
aaggaagagtatgagtattcaacatttccgtgtcgececcttattcecttttttgeggeattttgecttectgtttttgetcacccagaaacgetggtgaaagtaaaagatg
ctgaagatcagttgggtgcacgagtgggttacatcgaactggatctcaacageggtaagatccttgagagttttcgecccgaagaacgttttccaatgatgagecactttt
aaagttctgctatgtggecgeggtattatcccgtattgacgecgggcaagagecaactcggtcgecgecatacactattctcagaatgacttggttgagtactcaccagtcac
agaaaagcatcttacggatggcatgacagtaagagaattatgcagtgectgeccataaccatgagtgataacactgeggecaacttacttctgacaacgatcggaggaccga
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aggagctaaccgcttttttgecacaacatgggggatcatgtaactcgecttgatcgttgggaaccggagetgaatgaageccataccaaacgacgagegtgacaccacgatg
cctgtagcaatggcaacaacgttgcgcaaactattaactggecgaactacttactctagettcccggecaacaattaatagactggatggaggeggataaagttgecaggacce
acttctgcgetcggeccttccggetggetggtttattgetgataaatctggagecggtgagegtgggtctcgeggtatcattgeagecactggggecagatggtaageect
cccgtatcgtagttatctacacgacggggagtcaggcaactatggatgaacgaaatagacagatcgectgagataggtgectcactgattaagecattggtaactgtcagac
caagtttactcatatatactttagattgatttaaaacttcatttttaatttaaaaggatctaggtgaagatcctttttgataatctcatgaccaaaatcccttaacgtga
gttttcgttccactgagegtcagaccccgtagaaaagatcaaaggatcttce

15.2 Self-assembling a-synuclein plasmid sequence

ttgagatcctttttttctgegegtaatctgetgettgcaaacaaaaaaaccaccgetaccageggtggtttgtttgecggatcaagagetaccaactectttttccgaagg
taactggcttcagcagagcgcagataccaaatactgttcttctagtgtagecgtagttaggeccaccacttcaagaactctgtagcaccgectacatacctcgetctgeta
atcctgttaccagtggectgetgecagtggegataagtcgtgtcttaccgggttggactcaagacgatagttaccggataaggegeageggtcgggetgaacggggggttce
gtgcacacagcccagettggagecgaacgacctacaccgaactgagatacctacagegtgagetatgagaaagegecacgettecccgaagggagaaaggeggacaggtate
cggtaagcggcagggtcggaacaggagagegecacgagggagettccagggggaaacgectggtatctttatagtecctgtegggtttcgecacctectgacttgagegtega
tttttgtgatgectcgtcaggggggeggagectatggaaaaacgecagecaacgeggectttttacggttcctggecttttgetggecttttgetcacatgtecctgeaggea
gctgegegetcgetcgetcactgaggeecgecegggegtecgggegacctttggtcgeccggectcagtgagegagegagegegeagagagggagtggecaactecatcact
aggggttcctgeggecgecacgegtatcaagtgecacctgacgtctccctatcagtgatagagaagtcgacacgtctcgagetccctatcagtgatagagaaggtacgtct
agaacgtctccctatcagtgatagagaagtcgacacgtctcgagetccctatcagtgatagagaaggtacgtctagaacgtctccctatcagtgatagagaagtcgacac
gtctcgagctccctatcagtgatagagaaggtacgtctagaacgtctccctatcagtgatagagaagtcgacacgtctegagetccctatcagtgatagagaagetacce
cctatataagcagagctcgtttagtgaaccgtcagatcgecctggagacgeccatccacgetgttttgacctccatagaagacaccgggaccgatccagectggatccggta
ccgccaccatggatgttttcatgaagggecctcagtaaggcaaaagaaggtgtggtcgecgetgecgaaaagaccaagecaaggegttgeggaggecgeagggaagactaaa
gagggggtgttgtacgtcgggtctaagacaaaggagggggtcgtacacggtgtggegactgtagccgaaaaaacgaaagaacaagtcaccaatgtcggeggegetgttgt
cactggtgttacagcggtagcgcaaaagaccgtcgagggtgeggggtcaatageggetgegacagggttcgtaaaaaaggaccagettggecaagaacgaggaaggegecce
cccaggaaggcatactggaagatatgcccgtcgaccctgataacgaggegtatgagatgeccaagtgaagaaggttaccaagactatgageccgaggecaggaggggggage
ggaggtaccggggggattgactatactgetgetggtttcaccctecteccaaggtgecacatctgtacgetcctgaagacagaggtatctgegatgtgetggttgecaacgg
taagatcatcgctgtggcctccaacattcctagegacatecgttccaaactgecaccgttgtcgatctgageggacagatectectgtccaggattcattgatcagecacgtge
acctcattggaggaggaggcgaagctggtcctactactagaactcccgaagtcgecactgtctcgectcacagaggecaggegttacctecgtegtgggactcectgggtact
gatagcatctctaggcaccctgagtctctgetggcaaagaccagagecctcaatgaggagggtatctccgettggatgetgactggtgettatcacgtcccatctegeac
cattactggcagcgtggagaaggacgttgcaatcatcgacagagtgatcggtgttaagtgegetatctccgaccacaggagegetgetcccgacgtctatcacctggeca
acatggcagccgagagcagagtcggtggtctgetcggtggecaagecaggagttaccgtgttccacatgggtgactctaagaaggcactgecaacccatctatgacctgetg
gagaactgtgacgtcccaatctccaagectgectgectacccacgtcaacaggaacgtgectctettctaccaagetctggagttcgecaagaaagggtggecaccatcgacat
cacctctagcattgatgaacccgtcgctccagetgagggaatcgecaagggetgtccaagecaggtatcccactggcaagggtgacactcagetctgatggecaacggetcecc
agccattcttcgatgatgaaggaaatctgactcacattggegtggetggatttgaaactctcctggaaacagttcaggttctggttaaggactacgacttcageatttct
gacgctctcagaccactcacctctagecgtcgetggettcctgaacctgactggtaaaggegaaatcctccctggtaatgacgetgatctgetggtgatgacacccgaact
gcgcattgagcaggtctatgcaagaggaaagetgatggttaaggacggaaaggettgtgtcaagggecacattcgagactgetggtggetectggaggecaccggagggtctg
gagggactggaggctctggaggtactggeggttctggaggtaccggtggtaagectatccctaaccctetgetecggtctcgattctaccggateccggtaagattgaagag
ggcaaactggttatctggatcaatggcgataagggctacaatggectggecagaggtcggtaagaagttcgagaaagatacaggcatcaaagttactgtggaacacccaga
taagctggaggagaagttccctcaggtcgcagcaactggegacggtccagacatcatcttctgggecacacgataggtteggtggetatgeccaatctggectgetggetg
agattactcctgataaggctttccaggacaagctgtatccattcacctgggatgetgtgagatacaatggcaagetgatcgecataccctattgetgtggaagetctgage
ctgatctacaacaaggacctgctgecctaatcctcctaagacatgggaagaaatccctgecactggacaaggaactgaaggecaaaggecaagtecgecactgatgttcaacct
gcaggagccttactttacctggeccactgattgetgecgacggtggttacgectttcaagtacgagaatggtaagtacgacatcaaagatgtgggtgtggacaatgetggtg
ccaaagctggtctgactttcctggtggatctgatcaagaacaagcacatgaatgcagacactgactattctatcgecagaggetgetttcaacaaaggecgaaaccgcaatg
actatcaatggtccttgggcatggtctaacatcgacactagcaaagtcaactacggtgtcaccgttctgeccaaccttcaagggtcagecaagcaaacctttcgttggegt
gctgagcgcaggtatcaacgetgectctcctaacaaagagetggetaaggagtttctggagaactacctgetgacagacgaaggtctggaggecagtgaacaaggacaage
cactgggtgeccgtggectctgaagagctacgaagaagaactggccaaggaccctecgecatcgetgetacaatggagaacgecacagaagggtgagatcatgecaaacatceca
cagatgagcgcattctggtatgccgtgaggaccgetgttatcaacgecagettectggecagacagaccgtggatgaagecctgaaagacgcacagacctgagaattcgatat
caagcttatcgataatcaacctctggattacaaaatttgtgaaagattgactggtattcttaactatgttgetccttttacgectatgtggatacgetgetttaatgectt
tgtatcatgctattgecttcccgtatggetttcattttctectecttgtataaatecctggttgetgtctctttatgaggagttgtggeccgttgtcaggecaacgtggegtg
gtgtgcactgtgtttgetgacgcaacccccactggttggggeattgecaccacctgtcagetecttteccgggactttegetttcccecctecctattgecacggeggaact
catcgeccgectgecttgeccgetgetggacaggggecteggetgttgggecactgacaattecegtggtgttgtecggggaaatcategtectttecttggetgetegectatg
ttgccacctggattctgegegggacgtecttetgetacgtecccttcggecctcaatccageggacctteccttccegeggectgetgecggetctgeggectetteegegt
cttcgecttecgecctcagacgagtcggatctcecctttgggecgectccecgecatcgataccgagegetgetegagagatctacgggtggecateccectgtgaccectececa
gtgcctctectggecctggaagttgecactccagtgeccaccagecttgtcctaataaaattaagttgecatcattttgtctgactaggtgtccttctataatattatggg

gtggaggeggggtggtatggagcaaggggcaagttgggaagacaacctgtagggectgeggggtctattgggaaccaagetggagtgecagtggecacaatettggetcactg
caatctccgectcctgggttcaagegattctectgectcagectceccgagttgttgggattccaggecatgecatgaccaggetcagetaatttttgtttttttggtagaga
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cggggtttcaccatattggccaggetggtctccaactcctaatctcaggtgatctacccaccttggectcccaaattgetgggattacaggegtgaaccactgetcectt
ccctgteccttctgattttgtaggtaaccacgtgeggaccgageggecgecaggaacccctagtgatggagttggecactcecctetetgegegetegetegetcactgagge
cgggcgaccaaaggtcgeccgacgeccgggetttgeececgggeggectcagtgagegagegagegegeagetgectgeaggggegectgatgeggtattttctecttacge
atctgtgcggtatttcacaccgcatacgtcaaagcaaccatagtacgegecctgtageggegecattaagegeggegggtgtggtggttacgegecagegtgaccgetacac
ttgccagegecttagegeccgetectttegetttecttceccttectttetecgecacgttegecggetttcceccgtcaagetctaaategggggetecctttagggttecga
tttagtgctttacggecacctcgaccccaaaaaacttgatttgggtgatggttcacgtagtgggecatcgeecctgatagacggtttttcgeecctttgacgttggagtccac
gttctttaatagtggactcttgttccaaactggaacaacactcaactctatctcgggectattcttttgatttataagggattttgecgatttcggtctattggttaaaaa
atgagctgatttaacaaaaatttaacgcgaattttaacaaaatattaacgtttacaattttatggtgcactctcagtacaatctgectctgatgeccgecatagttaagecag
ccccgacacccgcecaacacccgetgacgegecctgacgggettgtetgetccecggeateccgettacagacaagetgtgaccgtctecgggagetgeatgtgtcagaggtt
ttcaccgtcatcaccgaaacgcgecgagacgaaagggectegtgatacgectatttttataggttaatgtcatgataataatggtttcttagacgtcaggtggecactttte
ggggaaatgtgegeggaaccecctatttgtttatttttctaaatacattcaaatatgtatccgetcatgagacaataaccctgataaatgettcaataatattgaaaaagg
aagagtatgagtattcaacatttccgtgtcgecccttattceccttttttgeggeattttgecttectgtttttgetcacccagaaacgetggtgaaagtaaaagatgetga
agatcagttgggtgcacgagtgggttacatcgaactggatctcaacageggtaagatccttgagagttttcgecccgaagaacgttttccaatgatgagecacttttaaag
ttctgctatgtggegeggtattatccecgtattgacgecgggecaagagecaactcggtcgecgeatacactattctcagaatgacttggttgagtactcaccagtcacagaa
aagcatcttacggatggcatgacagtaagagaattatgcagtgectgeccataaccatgagtgataacactgeggecaacttacttctgacaacgatcggaggaccgaagga
gctaaccgettttttgcacaacatgggggatcatgtaactcgecttgatcgttgggaaccggagetgaatgaagecataccaaacgacgagegtgacaccacgatgectg
tagcaatggcaacaacgttgcgcaaactattaactggecgaactacttactctagettcccggecaacaattaatagactggatggaggecggataaagttgecaggaccactt
ctgcgetcggeccttcecggetggetggtttattgetgataaatctggagecggtgagegtgggtetcgeggtatcattgeagecactggggecagatggtaageecteecg
tatcgtagttatctacacgacggggagtcaggcaactatggatgaacgaaatagacagatcgctgagataggtgectcactgattaagcattggtaactgtcagaccaag
tttactcatatatactttagattgatttaaaacttcatttttaatttaaaaggatctaggtgaagatcctttttgataatctcatgaccaaaatcccttaacgtgagttt
tcgttccactgagegtcagaccccgtagaaaagatcaaaggatcttce
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16 Supplementary video information

Supplementary Video 1: This video includes animations for demonstrating autofocusing and digital refocus-
ing with DADI.
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